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CHAPTER 7:
CONCLUSION AND OUTLOOK
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In this thesis, we have covered substantial advancements in the field of con-
tact-based topology, specifically in the development of the Circuit Topology
(CT) framework for the analysis of real biopolymers. This thesis contributed to
the creation of computational pipelines [1] for CT characterization of proteins
(including IDPs) and genome structures, therefore creating the first real world
applications of what was previously only a conceptual model. In Chapter 2 we
demonstrated the predictive power of native circuit topology concerning protein
kinetics. Moreover, we unveiled a fundamental principle for fast protein folding,
which we called zipper effect: how an abundance of parallel and cross relations
in the native conformation correlates with high folding rates. The simple trends
between topology and kinetics highlighted in Chapter 2 not only shed a light on
the folding process as it happens in nature, but also provide a topological pre-
scription for synthetic polymers with the desired biophysical properties [2][3].
Synthetic polymers have witnessed in popularity for the production of biophar-
maceutical constructs, ranging from drug carriers to polymer-drug conjugates
and polymeric drugs[4]; however, only few of these new materials have so far en-
tered the market, and the potential of such technology remains mostly untapped.

The power of the CT representation is especially apparent when studying the
folding process from a dynamic point of view. Spontaneous folding of proteins
occurs in a time span ranging from milliseconds to seconds, in spite of the astro-
nomical number of possible configurations, as highlighted by Levinthal with his
famous paradox in 1969. A smart way to visualize real folding pathways would
undeniably provide much insight in discerning among the various models and
views of the folding pathways that have been suggested ever since [5]. In this
context, the graphical representation of protein conformational evolution on the
3D topological landscape shown in Chapter 3 represents a technological advan-
cement in itself. We demonstrate the potential of such framework for the iden-
tification of transient states in Intrinsically Disordered Protein (IDP) dynamics,
an endeavour notoriously challenging in light of the flat energy landscape cha-
racterizing this protein class. However, such representation is general and could
be applied to any polymer undergoing configurational evolution. It could also
be applied for visualization of folding upon ligand binding, a phenomenon not
uncommon for IDPs [6] and potentially crucial for drug targeting of IDP regions
[7]. Moreover, our novel definition of topological similarity for IDPs promises to
be key in further homology and classification studies, as it does not depend, like
traditional methods, on either sequence or secondary structure of the protein.

In the cell, topological transitions of biopolymers are often a collaborative pro-
cess, with a variety of ligands, proteins and molecular chaperones interacting and
posing constraints to the folding process. Such complexity is often overlooked in
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force spectroscopy assays, where specific interactions between protein client and
chaperone systems are studied in isolation. In Chapter 4 we proposed a paradigm
shift, utilizing a widely studied model protein (MBP) as a topological sensor to
test the structural impact of the cytosolic interactome. We demonstrate how such
cumulative effect promotes stabilization against forced unfolding. This type of
experiments might constitute a fundamental step towards the validation of opti-
cal tweezers experiments as assays capable of mimicking in vivo biological con-
ditions. Moreover, the concept of a topological sensor used as proxy biomarker
for chaperone activity could prove pertinent for clinically relevant cellular states
involving modifications of the cellular chaperone content [8]. The introduction
of formalism and representation methods borrowed from circuit topology - such
as the circuit diagram - to analyse folding pathways enabled us to draw conclu-
sions from otherwise noisy and heterogeneous data. As such, CT has the poten-
tial to become a key intermediate step to bridge force spectroscopy data and their
structural interpretation.

A smart topological encoding is particularly crucial when dealing with very ex-
tended, complex folded polymers, where dimensionality reduction is necessary
to extract meaningful information and patterns. As such CT found a very natural
application in the characterization of genome architecture, a field where an abun-
dance of contact-based arrangement data (Hi-C) still requires appropriate and
unified analysis standards. Key findings in this respect were the identification
and description of highly conserved conformational patterns in single cell con-
figurations and a multi-scale heterogeneity pipeline able to quantify single cell
heterogeneity in genome structure (Chapter 5). The latter is particularly relevant
if we consider the role that gene annotation methods such as Hi-C can have in
the identification of harmful interactions and variants [9]. Further developmen-
ts in our CT based pipeline, including its extension to population Hi-C, could
support the understanding of epigenetic factors leading to genetic disorders and
assist biologists and clinicians in their assessment. Obvious next steps in this line
of research involve topological mapping of specific chromosome features, such
as Topologically Associated Domains and chromatin loops, at different levels of
resolution. Moreover, the topological fingerprint of each stage of the cell cycle
should be assessed, in order to provide a baseline for discerning health and dise-
ase conditions.

The variety of systems explored in this thesis is by itself a testimony of the flexi-
bility of the framework. Ideally, any linear chain where direction and intra-chain
contacts can be formally defined could be object of CT analysis. In Chapter 6,
we applied our formalism to a system outside the realm of biopolymers, by tre-
ating texts from true and fake news articles as sentence-chains where contacts
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are identified by semantic similarity. By this simple device, we managed to detect
statistical differences in the semantic similarity arrangement in the two datasets,
highlighting what could be a characteristic feature of fake news communication.
To test this hypothesis, future work should consider feeding topological parame-
ters encoded as linguistic features into classification algorithms for fake news de-
tection. This proof-of-concept work demonstrates the wide range of applicability
of Circuit Topology to issues of societal relevance at large. There are, anyways,
challenges and opportunities in the development of the framework which future
practitioner should take into account. We summarize some of these key points
below:
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Back mapping of topological findings onto biopolymer structures. In
this thesis, we explore ways to encode structural features of 3D polymers
into the topological space. The new representations thus created allow for
the identification of patterns and conformation, as it is particularly evident
in the case of IDPs. However, projection of the observed findings back to
the 3D space - both in terms of structural coordinates and biological si-
gnificance - is not always obvious. As such, one of the main challenges and
clear direction for further development of the framework is the formaliza-
tion of an appropriate transformation for translating topological parameter
in terms of local structural properties. For what concern genome topology
studies, we either segment the structure in order to gain local information
(with limited resolution) or sum all topological relations in which one con-
tact site is involved in order to get a feeling of its impact over the rest of the
structure (Chapter 5). A similar approach was employed by Woodard et
al.[10], with the definition of local Circuit Topology, which proved to have
the potential to predict the pathogenicity of missense mutations.

These simple devices proved effective in the cases at hand. However, they
might not be as effective for other types of structures, such as smaller pro-
teins and peptides, and they anyway lack extensive theoretical proof and
formalization. Topological parameters as formalized by CT are by defi-
nition non local, as they reflect the need to reduce the complexity of the
configurational search problem by removing 3D coordinates; also, they are
defined by pairs of contacts, which are in turn formed by two contact sites.
Therefore, 4 different coordinates are associated to one topological relation,
in case of a static structure. It is unclear how the relation should be accoun-
ted for or weighted among these coordinates. It is easy to see how there is
no trivial choice of backwards transformation from the topological to the
physical space, but a formalization of possible alternatives would be bene-
ficial for specific applications. The possibility to localize topological para-




meters would prove especially crucial in the case of IDPs, where identifying
structural motifs for drug binding is paramount for any pharmaceutical
application [11].

Accounting for backbone contribution. While the theoretical formali-
sm of CT has in recent years been extended to include the contribution
of backbone crossings and entanglement [12] (the so-called soft contacts),
this extension is yet to be translated into software applications for real bio-
polymers. Therefore, the applications discussed in this thesis only take into
account hard contacts, which can be considered glued or static in the con-
figuration under study. While knots are extremely rare in proteins, the in-
fluence of various types of backbone entanglement over the protein’s kinetic
properties is well documented [13][14]. Therefore, it is advisable to extend
the current state of available pipelines to include soft contacts, in order to
provide a complete topological description.

Investigate conceptual links and applications of CT relations in networ-
ks. CT shares with another topology framework, network topology, its fo-
cus on contacts and connectivity. We exploited this conceptual affinity in
Chapter 5, where we coupled CT analysis with a network parameter such as
the average clustering coefficient of the network representation of genome
architecture. Such combination of frameworks can provide a multi-faceted
representation; while network topology focuses on statistical properties,
CT can provide an unambiguous topological description of the individual
chain, thus allowing to discern between polymers with similar connectivi-
ty. Small world networks are a particular class of networks characterized
by small average path length and high clustering coefficient[15]. Such cha-
racteristics make them particularly suitable for modelling protein structu-
re and connectivity; leveraging this representation, it has been possible to
identify fundamental structural features such as the existence of key resi-
dues involved in protein folding [16]-[18]. These residues are characteri-
zed by a high number of contacts with other residues in the transient state,
forming thus the folding nucleus of the native configuration. If we were
to represent such phenomenon in CT terms, we would find an increased
number of concerted relations (CS, CP) surrounding these key residues, as
many contacts include the key residue as one of the two contact sites. It is
thus easy to interpret in this light the results obtained in Chapter 5, where
we saw how average clustering coefficient values solely depended on con-
certed relations. The formation of clusters — those same clusters that confer
the network its ‘small world’ characteristics - is driven by these key contact
sites forming a higher number of connections with respect to their neigh-
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bours, thus increasing CP and CS relations. Moreover, the small average
path length of the small world network hints at the presence of non-local
connections, which in turn could be related to a higher percentage of en-
tangled relations: these can indeed be created by non-local, longer-range
contacts enveloping shorter-range loops. While small world network analy-
sis proved very successful in the identification of key residues[16]-[18] and
hot spots for protein-protein interaction [19][20], some questions remain
open. For example, such analysis is plagued by false positives[17], residues
that present (often in the native state) higher connectivity but are not cru-
cial for the folding process at the transient state level. A CT description mi-
ght be able to distinguish between true and false positives, by looking at, for
example local CP/CS ratio, local topology of other structural elements, and
most importantly, circuit analysis. Circuit analysis, exemplified in Chap-
ter 2, allows for deconstruction of independent structural subunits of the
protein; an interesting future application, in this sense, could test possible
correlations between circuit and key residue distribution.

Applying the CT framework to multi-chain systems. To deal with sy-
stems composed of multiple chains, we need to extend classic CT repre-
sentation to include intra-chain contacts. Such new generalization of the
framework involves the definition of additional configurations (loop, tan-
dem and independent) on top of the three topological relations [21], and
is not the object of this thesis. We can, however, speculate about its future
applications for topological characterization of macromolecular complexes
and condensates. Macromolecular condensates, also called membraneless
organelles, have been in recent times object of intense exploration, due
to their dynamic physical nature [22]-[25], biological function [26][27],
pharmaceutical potential [28][29] and the still unclear assembly mechani-
sm, involving liquid-liquid phase separation [30]-[35]. Such systems can
be formed by a variety of polymer-like molecules, such as IDPs, proteins
with disordered regions (IDRs), DNA and RNA. Condensate components
are generally classified as scaffolds, if they are responsible for phase for-
mation, or clients, when they are recruited by interaction with the scaffold
[36]. However, the same components have been proven to sometimes play
both roles in complex assembly [37][38], indicating that the mechanism
might be non-specific and topological in nature. Multi-chain circuit topo-
logy might shed a light on the formation of such condensates. Moreover,
these systems are characterized by a hierarchy of forces: strong interactions
ensure structure, while weaker interaction give the condensate its dyna-
mic properties [24]. One could consider uncoupling the role of strong and
weak interactions and study their topological evolution and multi timesca-




le dynamics, with a multi-chain generalisation of the techniques displayed
in Chapter 3. Identifying topological features in biomolecular condensates
would be a fundamental step in understanding their assembly mechanisms
and function.

Exploring the potential of CT for ML applications. The rise of machine
learning techniques in recent years has brought unprecedented progress to
the field of protein structure prediction, such as the milestone algorithm
Alphatold2. However powerful these models could be, they remain limited
by quality and quantity of data and data representations. In this context,
the CT formalism could prove to be advantageous, in view of its ability
to highlight key conformational features in the topology space. However,
the specifics of this type of application are still to be explored. Taken in its
simplest form, the number of P, S and X relations does not constitute an
ideal data basis for many ML algorithms, because the three variables are
often found to strongly correlate. In this thesis we have overcome the issue
by either excluding one of the topological relations as redundant (linear
regression in Chapter 2). Either way, a formal investigation should be un-
dertaken, to explore what transformations of the CT parameters could be
most efficient and meaningful, depending on the chosen model and scien-
tific problem at hand. Genome topology represents possibly the most pro-
mising application for CT-based predictive analysis. The wealth and depth
of population Hi-C interaction matrices available would allow for training
of bigger neural networks models, with the aim of classifying potentially
harmful variations in genome arrangement. Another key application would
involve performing pattern recognition over topology matrices. The topo-
logy matrix represents the topological fingerprint of the biopolymer under
analysis, the significance of which we have only started to uncover in this
thesis. Systematic and extensive feature-extraction performed on large pro-
tein datasets would certainly bring to light many conformational motifs of
biophysical relevance.
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