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Chapter 5

Extracting Multi-scale Information
for Cascades Modeling

5.1 Chapter Overview

Following the successes of deep learning methods in many fields, recently researchers
have developed various neural network-based models to extract diverse features from
the cascade graph that can be used for cascade prediction. For example, researchers
have leveraged RNNs and attention mechanisms to automatically learn the cascade’s
temporal characteristics in a sequential learning manner by sampling the cascades
as random walks or diffusion paths [8, 9, 35, 36]. These approaches, however, fail
to capture topological structure features and the dynamic changes of information
diffusion. Later studies [10, 69] introduce graph embedding methods to handle
the structural diffusion learning problem, and have achieved promising results in
cascade prediction. Despite the significant progress made by recent deep learning-
based approaches, currently they are still confronted with several limitations:

(L1) Lack of efficient ways to sample cascade graphs. Most of the existing
studies try to decompose a cascade graph into a bag of nodes [8] or denote it as a set
of diffusion paths [9]. These methods either ignore the structural information or fail
to capture the time-evolving structure of the cascade. CasCN [10] breaks down the
original cascade graph into a sequence of sub-graphs based on timestamps, which
may introduce bias and increase computation cost because there is a large number
of timestamps in the diffusion process.

(L2) Incomplete structural feature extraction. Structural features are demon-
strated as one of the most powerful features in information cascade prediction [10,
69]. Existing works not only capture nodes’ first-order information but also take the
edges’ directional information into consideration. However, they still fail to capture
long-distance message passing between nodes and nodes’ position information in the
cascade graph.
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(L3) Absence of feature-level fusion. After obtaining different features from the
cascade graph, e.g., temporal and structural features, most of the current works try
to directly concatenate them and then fed them into a fully connected layer to make
predictions [8, 9, 10]. However, different features play different roles in information
cascades prediction, which necessitates a more fine-grained feature fusion that would
facilitate predictions.

To overcome the limitations mentioned above, we first define multi-scale informa-
tion for cascade graph, including (1) direction-scale, representing the propagating
direction of the information between nodes; (2) high-order-scale, which is the higher-
order interactions between the nodes; (3) position-scale, which means the sequen-
tial/position information of each node (i.e., the emerging time of each node in the
diffusion); and (4) dynamic-scale, which is the dynamic information captured from
the evolving sub-graph sequence. Then, we propose MUlti-scale Cascades model
(MUCas) – a novel framework for modeling the information cascades and predicting
the increment size of information items. MUCas first employs time interval-aware
sub-cascade graph sampling method, which decomposes the observed cascade graph
into a sequence of sub-cascade graphs based on disjoint time intervals. And then it
uses a multi-scale graph capsule network and an influence attention to learn and fuse
the multi-scale information to form a unique cascade representation for popularity
prediction.

We make the following contributions:

• Efficient sampling method (L1). We propose a novel cascade sampling
method to sample sub-cascade graphs based on disjoint time-intervals. This
method can significantly decrease the number of required sub-cascade graphs
and eliminate the bias in processing the dynamic-scale in cascade modeling.

• Multi-scale information learning (L2). We design a multi-scale graph
network for modeling sub-cascade graphs that can capture direction-scale,
high-order-scale, and position-scale features of information diffusion jointly.
Simultaneously, we design a neural function to learn the influence-attention
between dynamic-scale sub-cascade graphs.

• Hybrid feature aggregation (L3). We propose a capsule-based hybrid
aggregation layer, which selectively aggregates the learned multi-scale features
in a more fine-grained way, i.e., from order-level and node-level to graph-level.

• Comprehensive evaluations. We conducted extensive experiments on two
benchmark datasets. The results demonstrate that MUCas can significantly
improve the prediction accuracy on cascade size prediction compared to the
state-of-the-art baselines.

This chapter is based on the following publication:
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5.2 Preliminaries

Time line

Original post/paper

Observed retweets/citation

Future retweets/citation

Observed Field

Predict Field
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Figure 5.1: A Toy example of cascade graph.

• Chen, X., Zhang, F., Zhou, F., Bonsangue, M.: Multi-scale graph capsule
with influence attention for information cascades prediction. International
Journal of Intelligent Systems 37 (2022) 2584–2611

5.2 Preliminaries

As illustrated in Figure 5.1, we can find that (1) the cascade graph is dynamic, in
other words, cascade graph is evolving over time, i.e., new nodes will join in the
diffusion process with time elapsed that leads the cascade size growth. For example,
at t7, u7 joins in the diffusion process, and make the cascade size increase to 7;
(2) the message between two nodes, e.g., u1 and u2, can be only passed from u1 to
u2, i.e., the message passing in cascade graph is directed; (3) nodes are infected in
chronological order, and the sequential information can be regarded as the position
of each node in the cascade graph; (4) nodes with high influence will indirectly
infect the long-distance nodes, and the long-distance dependency is the higher-order
information of each node in a cascade graph, e.g., u1 to u6.

In this work, we define the aforementioned aspects as the multi-scale information,
including (1) dynamic-scale, (2) direction-scale, (3) position-scale, and (4)
high-order-scale of cascades.

Definition 9 Cascade Size Prediction – Given the observed cascade graph Ci(to)
of post mi, the goal of cascade size prediction is predicting mi’s incremental size ∆Si,
which is defined as ∆Si = |U tp | − |U to|, where tp and to are the prediction time and
the observation time, respectively; and |U t| denotes the number of nodes, in terms
of the size of cascade graph at time t.

5.3 MUCas: Multi-Scale Graph Capsule with Influ-
ence Attention for Information Cascades Pre-
diction

In this section, we present the proposed MUCas model, as well as its implementation
details and computational complexity.
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Table 5.1: Main notations used throughout this chapter.
Symbol Description

g
Tj
i ,A

Tj
i

A sub-cascade graph of Ci(to) at time interval Tj and it’s
adjacency matrix.

GTiv
i ,ATiv

i

A sequence of time interval-aware sub-cascade graphs of
Ci(to) and the corresponding adjacency matrices.

PE(u) Positional encoding.

S, Hl
A set of node embedding matrix, and a node embedding
matrix.

hm Order-level capsule.
nm Node-level capsule.
gi Graph-level capsule.
λj, αj Time decay effect, influence attention.

Overview. Figure 5.2 illustrates the overall framework and the main components
of MUCas, which consists of four major parts: (1) a time interval-aware sampling
layer to generate sub-cascade graphs from observed cascade graph; (2) MUG-Caps
to learn the direction-scale, position-scale and high-order-scale information from
sub-cascade graphs; (3) influence attention for dynamic-scale learning; and (4) a
prediction layer for cascade size prediction.

5.3.1 Time interval-aware Sub-cascade Sampling

Taking the observed cascade graph Ci(to) of a given post mi as input, the existing
works try to decompose the observed cascade graph into a bag of nodes [8] or denote
it as a set of diffusion paths [9]. Such methods either ignore both local and global
structural information or fail to consider the dynamic information. Recently, some
works such as CasCN [10] and VaCas [69] use a Time-aware sampling method to
decompose Ci(to) into a sequence of consecutive sub-cascade graphs based on the
diffusion timestamp, which has been proved to be an efficient way to treat the
observed cascade graph. However, the Time-aware sampling method still faces
some challenges: 1) the difference between the fine-grained sub-graphs is trivial,
which will introduce biases in dynamic modeling; and 2) too many sub-graphs would
significantly increase computation cost. Figure 5.3a shows a toy example of Time-
aware sampling method. Compared with the previous time step, each sub-graph
only contains one more node (e.g., t1 vs. t2). Finally, it would generate z sub-
graphs in total, where z is the number of varying time-stamps in the propagation
process, resulting a huge number of sub-graphs within a short time. However, the
difference between consecutive graphs are too trivial to be distinguished, which may
confuse the model to learn discriminative features of information propagation.

In order to address the aforementioned challenges, we propose a new Time interval-
aware sampling method, as shown in Figure 5.3b. This sampling method breaks
down the observed cascade graph Ci(to) into l discrete sub-cascade graphs GTiv

i =
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5.3 MUCas: Multi-Scale Graph Capsule with Influence Attention for
Information Cascades Prediction

(a) Time interval-aware Sampling

Time interval
Tj

<latexit sha1_base64="HOwun0L0gfliaDN/yoIJ9GUS3/c=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoPgKexGQY9BLx4j5gXJEmYnvcmY2dllZlYIIZ/gxYMiXv0ib/6Nk2QPmljQUFR1090VJIJr47rfTm5tfWNzK79d2Nnd2z8oHh41dZwqhg0Wi1i1A6pRcIkNw43AdqKQRoHAVjC6nfmtJ1Sax7Juxgn6ER1IHnJGjZUe6r3HXrHklt05yCrxMlKCDLVe8avbj1kaoTRMUK07npsYf0KV4UzgtNBNNSaUjegAO5ZKGqH2J/NTp+TMKn0SxsqWNGSu/p6Y0EjrcRTYzoiaoV72ZuJ/Xic14bU/4TJJDUq2WBSmgpiYzP4mfa6QGTG2hDLF7a2EDamizNh0CjYEb/nlVdKslL2LcuX+slS9yeLIwwmcwjl4cAVVuIMaNIDBAJ7hFd4c4bw4787HojXnZDPH8AfO5w8sio25</latexit>

Tl
<latexit sha1_base64="HQZzklzpsjF/TtS1yqysaHz9Zwc=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04rFiv6ANZbOdtEs3m7C7EUroT/DiQRGv/iJv/hu3bQ7a+mDg8d4MM/OCRHBtXPfbWVvf2NzaLuwUd/f2Dw5LR8ctHaeKYZPFIladgGoUXGLTcCOwkyikUSCwHYzvZn77CZXmsWyYSYJ+RIeSh5xRY6XHRl/0S2W34s5BVomXkzLkqPdLX71BzNIIpWGCat313MT4GVWGM4HTYi/VmFA2pkPsWipphNrP5qdOyblVBiSMlS1pyFz9PZHRSOtJFNjOiJqRXvZm4n9eNzXhjZ9xmaQGJVssClNBTExmf5MBV8iMmFhCmeL2VsJGVFFmbDpFG4K3/PIqaVUr3mWl+nBVrt3mcRTgFM7gAjy4hhrcQx2awGAIz/AKb45wXpx352PRuubkMyfwB87nDy+Sjbs=</latexit>

…

… …

g1
<latexit sha1_base64="c5cQmfTpJPRjxBlpi6lPoM6ytzg=">AAAB83icbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48V7Ac0pWy2m3bpZhN2J2IJ/RtePCji1T/jzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//ci1EbF6wEnCexEdKhEKRtFKvo/8CYMwG077Xr9ccavuHGSVeDmpQI5Gv/zlD2KWRlwhk9SYrucm2MuoRsEkn5b81PCEsjEd8q6likbc9LL5zVNyZpUBCWNtSyGZq78nMhoZM4kC2xlRHJllbyb+53VTDK97mVBJilyxxaIwlQRjMguADITmDOXEEsq0sLcSNqKaMrQxlWwI3vLLq6RVq3oX1dr9ZaV+k8dRhBM4hXPw4ArqcAcNaAKDBJ7hFd6c1Hlx3p2PRWvByWeO4Q+czx87gZHO</latexit>

T1
<latexit sha1_base64="yQBvVrSRtnzPtUd/7gwTLR5LpvU=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04rFiv6ANZbPdtEs3m7A7EUroT/DiQRGv/iJv/hu3bQ7a+mDg8d4MM/OCRAqDrvvtrK1vbG5tF3aKu3v7B4elo+OWiVPNeJPFMtadgBouheJNFCh5J9GcRoHk7WB8N/PbT1wbEasGThLuR3SoRCgYRSs9Nvpev1R2K+4cZJV4OSlDjnq/9NUbxCyNuEImqTFdz03Qz6hGwSSfFnup4QllYzrkXUsVjbjxs/mpU3JulQEJY21LIZmrvycyGhkziQLbGVEcmWVvJv7ndVMMb/xMqCRFrthiUZhKgjGZ/U0GQnOGcmIJZVrYWwkbUU0Z2nSKNgRv+eVV0qpWvMtK9eGqXLvN4yjAKZzBBXhwDTW4hzo0gcEQnuEV3hzpvDjvzseidc3JZ07gD5zPH9YXjYA=</latexit>

Observed Cascade

(c) Influence
Attention

gl
<latexit sha1_base64="ZE53vdFLQt3Uh4Ts4a9bcqMypDw=">AAAB83icbVBNS8NAEN3Ur1q/qh69LBbBU0mqoMeiF48V7Ac0pWy2k3bpZhN2J2IJ/RtePCji1T/jzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVHJo8lrHuBMyAFAqaKFBCJ9HAokBCOxjfzvz2I2gjYvWAkwR6ERsqEQrO0Eq+j/CEQZgNp33ZL1fcqjsHXSVeTiokR6Nf/vIHMU8jUMglM6bruQn2MqZRcAnTkp8aSBgfsyF0LVUsAtPL5jdP6ZlVBjSMtS2FdK7+nshYZMwkCmxnxHBklr2Z+J/XTTG87mVCJSmC4otFYSopxnQWAB0IDRzlxBLGtbC3Uj5imnG0MZVsCN7yy6ukVat6F9Xa/WWlfpPHUSQn5JScE49ckTq5Iw3SJJwk5Jm8kjcndV6cd+dj0Vpw8plj8gfO5w+U7ZIJ</latexit>

Routing

Sum pooling

FC

… … …(b)
MUG
-Caps

…

Sub-cascade graph

(d) Prediction

ĝ1
<latexit sha1_base64="QCB1ArpDdbfhwY9iy5adSUUEsl4=">AAAB+3icbVBNS8NAEN3Ur1q/Yj16WSyCp5JUQY9FLx4r2A9oQtlsN+3SzSbsTqQl5K948aCIV/+IN/+N2zYHbX0w8Hhvhpl5QSK4Bsf5tkobm1vbO+Xdyt7+weGRfVzt6DhVlLVpLGLVC4hmgkvWBg6C9RLFSBQI1g0md3O/+8SU5rF8hFnC/IiMJA85JWCkgV31xgQyD9gUgjAb5fnAHdg1p+4sgNeJW5AaKtAa2F/eMKZpxCRQQbTuu04CfkYUcCpYXvFSzRJCJ2TE+oZKEjHtZ4vbc3xulCEOY2VKAl6ovycyEmk9iwLTGREY61VvLv7n9VMIb/yMyyQFJulyUZgKDDGeB4GHXDEKYmYIoYqbWzEdE0UomLgqJgR39eV10mnU3ct64+Gq1rwt4iijU3SGLpCLrlET3aMWaiOKpugZvaI3K7derHfrY9lasoqZE/QH1ucPmcCUzA==</latexit>

ĝl
<latexit sha1_base64="gSt0JKIov90/d9W8H4OO2tZaO4w=">AAAB+3icbVBNS8NAEN3Ur1q/Yj16WSyCp5JUQY9FLx4r2A9oQtlsN+3SzSbsTqQl5K948aCIV/+IN/+N2zYHbX0w8Hhvhpl5QSK4Bsf5tkobm1vbO+Xdyt7+weGRfVzt6DhVlLVpLGLVC4hmgkvWBg6C9RLFSBQI1g0md3O/+8SU5rF8hFnC/IiMJA85JWCkgV31xgQyD9gUgjAb5flADOyaU3cWwOvELUgNFWgN7C9vGNM0YhKoIFr3XScBPyMKOBUsr3ipZgmhEzJifUMliZj2s8XtOT43yhCHsTIlAS/U3xMZibSeRYHpjAiM9ao3F//z+imEN37GZZICk3S5KEwFhhjPg8BDrhgFMTOEUMXNrZiOiSIUTFwVE4K7+vI66TTq7mW98XBVa94WcZTRKTpDF8hF16iJ7lELtRFFU/SMXtGblVsv1rv1sWwtWcXMCfoD6/MH8yyVBw==</latexit>

↵
<latexit sha1_base64="+wSBPeL8nxBdvzPXA2qswhGhfpg=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48V7Ae0oUy2m3btZhN2N0IJ/Q9ePCji1f/jzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqKGvSWMSqE6BmgkvWNNwI1kkUwygQrB2Mb2d++4kpzWP5YCYJ8yMcSh5yisZKrR6KZIT9csWtunOQVeLlpAI5Gv3yV28Q0zRi0lCBWnc9NzF+hspwKti01Es1S5COcci6lkqMmPaz+bVTcmaVAQljZUsaMld/T2QYaT2JAtsZoRnpZW8m/ud1UxNe+xmXSWqYpItFYSqIicnsdTLgilEjJpYgVdzeSugIFVJjAyrZELzll1dJq1b1Lqq1+8tK/SaPowgncArn4MEV1OEOGtAECo/wDK/w5sTOi/PufCxaC04+cwx/4Hz+AIzPjxw=</latexit>

…
c1

<latexit sha1_base64="1h0sJf5XlpX/TJMxR7yb/f63TP8=">AAAB83icbVBNS8NAEN3Ur1q/qh69LBbBU0mqoMeiF48V7Ac0pWy2k3bpZhN2J2IJ/RtePCji1T/jzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVHJo8lrHuBMyAFAqaKFBCJ9HAokBCOxjfzvz2I2gjYvWAkwR6ERsqEQrO0Eq+j/CEQZjxad/rlytu1Z2DrhIvJxWSo9Evf/mDmKcRKOSSGdP13AR7GdMouIRpyU8NJIyP2RC6lioWgell85un9MwqAxrG2pZCOld/T2QsMmYSBbYzYjgyy95M/M/rphhe9zKhkhRB8cWiMJUUYzoLgA6EBo5yYgnjWthbKR8xzTjamEo2BG/55VXSqlW9i2rt/rJSv8njKJITckrOiUeuSJ3ckQZpEk4S8kxeyZuTOi/Ou/OxaC04+cwx+QPn8wc1ZZHK</latexit>

cQ
<latexit sha1_base64="WZe7bcxENu7lYYntqBxNIdpotcg=">AAAB83icbVBNS8NAEN34WetX1aOXxSJ4KkkV9Fj04rEF+wFNKZvtpF262YTdiVhC/4YXD4p49c9489+4bXPQ1gcDj/dmmJkXJFIYdN1vZ219Y3Nru7BT3N3bPzgsHR23TJxqDk0ey1h3AmZACgVNFCihk2hgUSChHYzvZn77EbQRsXrASQK9iA2VCAVnaCXfR3jCIMz4tN/ol8puxZ2DrhIvJ2WSo94vffmDmKcRKOSSGdP13AR7GdMouIRp0U8NJIyP2RC6lioWgell85un9NwqAxrG2pZCOld/T2QsMmYSBbYzYjgyy95M/M/rphje9DKhkhRB8cWiMJUUYzoLgA6EBo5yYgnjWthbKR8xzTjamIo2BG/55VXSqla8y0q1cVWu3eZxFMgpOSMXxCPXpEbuSZ00CScJeSav5M1JnRfn3flYtK45+cwJ+QPn8wdl5ZHq</latexit>

�S
<latexit sha1_base64="l8ZPJN+KJEofkgBRZR4LfHsvsa0=">AAAB73icbVDLSgNBEOyNrxhfUY9eBoPgKexGQY9BPXiMaB6QLGF2MkmGzM6uM71CWPITXjwo4tXf8ebfOEn2oIkFDUVVN91dQSyFQdf9dnIrq2vrG/nNwtb2zu5ecf+gYaJEM15nkYx0K6CGS6F4HQVK3oo1p2EgeTMYXU/95hPXRkTqAccx90M6UKIvGEUrtTo3XCIl991iyS27M5Bl4mWkBBlq3eJXpxexJOQKmaTGtD03Rj+lGgWTfFLoJIbHlI3ogLctVTTkxk9n907IiVV6pB9pWwrJTP09kdLQmHEY2M6Q4tAselPxP6+dYP/ST4WKE+SKzRf1E0kwItPnSU9ozlCOLaFMC3srYUOqKUMbUcGG4C2+vEwalbJ3Vq7cnZeqV1kceTiCYzgFDy6gCrdQgzowkPAMr/DmPDovzrvzMW/NOdnMIfyB8/kDXr+Phw==</latexit>

…Q

…
!⇤<latexit sha1_base64="7XdEvc0j4DVehF027vnhAsX4cOo=">AAAB73icbVDLSgNBEJz1GeMr6tHLYBDEQ9iNgh6DXjxGMA9IljA76U2GzGOdmRXCkp/w4kERr/6ON//GSbIHTSxoKKq66e6KEs6M9f1vb2V1bX1js7BV3N7Z3dsvHRw2jUo1hQZVXOl2RAxwJqFhmeXQTjQQEXFoRaPbqd96Am2Ykg92nEAoyECymFFindTuKgED0jvvlcp+xZ8BL5MgJ2WUo94rfXX7iqYCpKWcGNMJ/MSGGdGWUQ6TYjc1kBA6IgPoOCqJABNms3sn+NQpfRwr7UpaPFN/T2REGDMWkesUxA7NojcV//M6qY2vw4zJJLUg6XxRnHJsFZ4+j/tMA7V87AihmrlbMR0STah1ERVdCMHiy8ukWa0EF5Xq/WW5dpPHUUDH6ASdoQBdoRq6Q3XUQBRx9Ixe0Zv36L14797HvHXFy2eO0B94nz+wOY+8</latexit>

（1）Node embedding layer - MGN

…

…

N

Node-level capsuleOrder-level capsule

…

n1
<latexit sha1_base64="EsDasPjuNbXN6sH5xgbXl+571Cs=">AAAB83icbVBNS8NAEN3Ur1q/qh69LBbBU0mqoMeiF48V7Ac0pWy2k3bpZhN2J2IJ/RtePCji1T/jzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVHJo8lrHuBMyAFAqaKFBCJ9HAokBCOxjfzvz2I2gjYvWAkwR6ERsqEQrO0Eq+j/CEQZipad/rlytu1Z2DrhIvJxWSo9Evf/mDmKcRKOSSGdP13AR7GdMouIRpyU8NJIyP2RC6lioWgell85un9MwqAxrG2pZCOld/T2QsMmYSBbYzYjgyy95M/M/rphhe9zKhkhRB8cWiMJUUYzoLgA6EBo5yYgnjWthbKR8xzTjamEo2BG/55VXSqlW9i2rt/rJSv8njKJITckrOiUeuSJ3ckQZpEk4S8kxeyZuTOi/Ou/OxaC04+cwx+QPn8wdGMpHV</latexit>

nm
<latexit sha1_base64="3TpVcmDc0dI0TOMq8bjqJ62p3o0=">AAAB83icbVBNS8NAEN3Ur1q/qh69LBbBU0mqoMeiF48V7Ac0pWy2k3bpZhN2J2IJ/RtePCji1T/jzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVHJo8lrHuBMyAFAqaKFBCJ9HAokBCOxjfzvz2I2gjYvWAkwR6ERsqEQrO0Eq+j/CEQZipaT/qlytu1Z2DrhIvJxWSo9Evf/mDmKcRKOSSGdP13AR7GdMouIRpyU8NJIyP2RC6lioWgell85un9MwqAxrG2pZCOld/T2QsMmYSBbYzYjgyy95M/M/rphhe9zKhkhRB8cWiMJUUYzoLgA6EBo5yYgnjWthbKR8xzTjamEo2BG/55VXSqlW9i2rt/rJSv8njKJITckrOiUeuSJ3ckQZpEk4S8kxeyZuTOi/Ou/OxaC04+cwx+QPn8wehIpIR</latexit>

nN
<latexit sha1_base64="qS6Z5k/IqqrMN4f6kxKGYxeeSDI=">AAAB83icbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04kkq2A9oStlsN+3SzSbsTsQS+je8eFDEq3/Gm//GbZuDtj4YeLw3w8y8IJHCoOt+Oyura+sbm4Wt4vbO7t5+6eCwaeJUM95gsYx1O6CGS6F4AwVK3k40p1EgeSsY3Uz91iPXRsTqAccJ70Z0oEQoGEUr+T7yJwzCTE16d71S2a24M5Bl4uWkDDnqvdKX349ZGnGFTFJjOp6bYDejGgWTfFL0U8MTykZ0wDuWKhpx081mN0/IqVX6JIy1LYVkpv6eyGhkzDgKbGdEcWgWvan4n9dJMbzqZkIlKXLF5ovCVBKMyTQA0heaM5RjSyjTwt5K2JBqytDGVLQheIsvL5NmteKdV6r3F+XadR5HAY7hBM7Ag0uowS3UoQEMEniGV3hzUufFeXc+5q0rTj5zBH/gfP4AciaR8g==</latexit>

Routing

(2) Capsule-based hybrid aggregation layer

g1
<latexit sha1_base64="c5cQmfTpJPRjxBlpi6lPoM6ytzg=">AAAB83icbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48V7Ac0pWy2m3bpZhN2J2IJ/RtePCji1T/jzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//ci1EbF6wEnCexEdKhEKRtFKvo/8CYMwG077Xr9ccavuHGSVeDmpQI5Gv/zlD2KWRlwhk9SYrucm2MuoRsEkn5b81PCEsjEd8q6likbc9LL5zVNyZpUBCWNtSyGZq78nMhoZM4kC2xlRHJllbyb+53VTDK97mVBJilyxxaIwlQRjMguADITmDOXEEsq0sLcSNqKaMrQxlWwI3vLLq6RVq3oX1dr9ZaV+k8dRhBM4hXPw4ArqcAcNaAKDBJ7hFd6c1Hlx3p2PRWvByWeO4Q+czx87gZHO</latexit>

(b) MUG-Caps ( A Toy example for sub-cascade graph            )gT1
<latexit sha1_base64="yQybFdImhJMYAB7cTeGZ1IV6X2g=">AAAB7nicbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04rFCv6CNZbOdtEs3m7C7EUroj/DiQRGv/h5v/hu3bQ7a+mDg8d4MM/OCRHBtXPfbWVvf2NzaLuwUd/f2Dw5LR8ctHaeKYZPFIladgGoUXGLTcCOwkyikUSCwHYzvZn77CZXmsWyYSYJ+RIeSh5xRY6X28DFr9L1pv1R2K+4cZJV4OSlDjnq/9NUbxCyNUBomqNZdz02Mn1FlOBM4LfZSjQllYzrErqWSRqj9bH7ulJxbZUDCWNmShszV3xMZjbSeRIHtjKgZ6WVvJv7ndVMT3vgZl0lqULLFojAVxMRk9jsZcIXMiIkllClubyVsRBVlxiZUtCF4yy+vkla14l1Wqg9X5dptHkcBTuEMLsCDa6jBPdShCQzG8Ayv8OYkzovz7nwsWtecfOYE/sD5/AETg49l</latexit>

Â
(k)

in
<latexit sha1_base64="MRjvpmmT4HSbR3WNDmTpZtpNs70=">AAACBHicbVC7TsMwFHV4lvIKMHaJqJDKUiUFCcYCC2OR6ENqQuW4TmvVcSL7BlFFGVj4FRYGEGLlI9j4G9w2A7QcydLROffq+hw/5kyBbX8bS8srq2vrhY3i5tb2zq65t99SUSIJbZKIR7LjY0U5E7QJDDjtxJLi0Oe07Y+uJn77nkrFInEL45h6IR4IFjCCQUs9s+QOMaQu0Afwg/Qiy3opE9ldWhkdZz2zbFftKaxF4uSkjHI0euaX249IElIBhGOluo4dg5diCYxwmhXdRNEYkxEe0K6mAodUeek0RGYdaaVvBZHUT4A1VX9vpDhUahz6ejLEMFTz3kT8z+smEJx7OlWcABVkdihIuAWRNWnE6jNJCfCxJphIpv9qkSGWmIDurahLcOYjL5JWreqcVGs3p+X6ZV5HAZXQIaogB52hOrpGDdREBD2iZ/SK3own48V4Nz5mo0tGvnOA/sD4/AGXtJiw</latexit>

Â
(k)

out
<latexit sha1_base64="q7wTO6wzj4Lteaq71zAICNfZzQs=">AAACBXicbVC5TsNAEF1zhnAZKKGwiJBCE9kBCcoADWWQyCHFxlpv1skq60O7Y0S0ckPDr9BQgBAt/0DH37A5Ckh40khP781oZl6QcibBtr+NhcWl5ZXVwlpxfWNza9vc2W3KJBOENkjCE9EOsKScxbQBDDhtp4LiKOC0FQyuRn7rngrJkvgWhin1ItyLWcgIBi355oHbx6BcoA8QhOoiz32VZJDfqfLgOPfNkl2xx7DmiTMlJTRF3Te/3G5CsojGQDiWsuPYKXgKC2CE07zoZpKmmAxwj3Y0jXFEpafGX+TWkVa6VpgIXTFYY/X3hMKRlMMo0J0Rhr6c9Ubif14ng/DcUyxOM6AxmSwKM25BYo0isbpMUAJ8qAkmgulbLdLHAhPQwRV1CM7sy/OkWa04J5XqzWmpdjmNo4D20SEqIwedoRq6RnXUQAQ9omf0it6MJ+PFeDc+Jq0LxnRmD/2B8fkDjHyZOw==</latexit>

W
(k)
in

<latexit sha1_base64="gpDUlHFKYDvtKBC8H/qswfMcx0g=">AAAB/nicbVBNS8NAEN34WetXVDx5WSxCvZSkCnosevFYwX5AG8tmu2mXbjZhdyKWEPCvePGgiFd/hzf/jds2B219MPB4b4aZeX4suAbH+baWlldW19YLG8XNre2dXXtvv6mjRFHWoJGIVNsnmgkuWQM4CNaOFSOhL1jLH11P/NYDU5pH8g7GMfNCMpA84JSAkXr2YRfYI/hB2sp6KZfZfVoenWY9u+RUnCnwInFzUkI56j37q9uPaBIyCVQQrTuuE4OXEgWcCpYVu4lmMaEjMmAdQyUJmfbS6fkZPjFKHweRMiUBT9XfEykJtR6HvukMCQz1vDcR//M6CQSXnvkqToBJOlsUJAJDhCdZ4D5XjIIYG0Ko4uZWTIdEEQomsaIJwZ1/eZE0qxX3rFK9PS/VrvI4CugIHaMyctEFqqEbVEcNRFGKntErerOerBfr3fqYtS5Z+cwB+gPr8we7zpX5</latexit>

W
(k)
out

<latexit sha1_base64="J8HimTVFVc+ARAJWlcDoYnASrOg=">AAAB/3icbVBNS8NAEN3Ur1q/ooIXL8Ei1EtJqqDHohePFewHtDFstpt26SYbdidiiTn4V7x4UMSrf8Ob/8Ztm4O2Phh4vDfDzDw/5kyBbX8bhaXlldW14nppY3Nre8fc3WspkUhCm0RwITs+VpSziDaBAaedWFIc+py2/dHVxG/fU6mYiG5hHFM3xIOIBYxg0JJnHvSAPoAfpO3MS0UC2V1aGZ1knlm2q/YU1iJxclJGORqe+dXrC5KENALCsVJdx47BTbEERjjNSr1E0RiTER7QrqYRDqly0+n9mXWslb4VCKkrAmuq/p5IcajUOPR1Z4hhqOa9ifif100guHBTFsUJ0IjMFgUJt0BYkzCsPpOUAB9rgolk+laLDLHEBHRkJR2CM//yImnVqs5ptXZzVq5f5nEU0SE6QhXkoHNUR9eogZqIoEf0jF7Rm/FkvBjvxsestWDkM/voD4zPH64PloQ=</latexit>

X<latexit sha1_base64="nM3ChPESpQ2dvwthlTzHQNs4T9M=">AAAB8XicbVBNS8NAEN34WetX1aOXxSJ4KkkV9Fj04rGC/cA2lM120i7dbMLuRCyh/8KLB0W8+m+8+W/ctjlo64OBx3szzMwLEikMuu63s7K6tr6xWdgqbu/s7u2XDg6bJk41hwaPZazbATMghYIGCpTQTjSwKJDQCkY3U7/1CNqIWN3jOAE/YgMlQsEZWumhi/CEQZi1J71S2a24M9Bl4uWkTHLUe6Wvbj/maQQKuWTGdDw3QT9jGgWXMCl2UwMJ4yM2gI6likVg/Gx28YSeWqVPw1jbUkhn6u+JjEXGjKPAdkYMh2bRm4r/eZ0Uwys/EypJERSfLwpTSTGm0/dpX2jgKMeWMK6FvZXyIdOMow2paEPwFl9eJs1qxTuvVO8uyrXrPI4COSYn5Ix45JLUyC2pkwbhRJFn8kreHOO8OO/Ox7x1xclnjsgfOJ8/93uRGw==</latexit>

P
<latexit sha1_base64="VSivu9BFjCFD0hWyQI32AsFvifE=">AAAB8XicbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04rGC/cA2lM120y7dbMLuRCyh/8KLB0W8+m+8+W/ctjlo64OBx3szzMwLEikMuu63s7K6tr6xWdgqbu/s7u2XDg6bJk414w0Wy1i3A2q4FIo3UKDk7URzGgWSt4LRzdRvPXJtRKzucZxwP6IDJULBKFrpoYv8CYMwq096pbJbcWcgy8TLSRly1Hulr24/ZmnEFTJJjel4boJ+RjUKJvmk2E0NTygb0QHvWKpoxI2fzS6ekFOr9EkYa1sKyUz9PZHRyJhxFNjOiOLQLHpT8T+vk2J45WdCJSlyxeaLwlQSjMn0fdIXmjOUY0so08LeStiQasrQhlS0IXiLLy+TZrXinVeqdxfl2nUeRwGO4QTOwINLqMEt1KEBDBQ8wyu8OcZ5cd6dj3nripPPHMEfOJ8/61OREw==</latexit>

WP
<latexit sha1_base64="n5CLVL3Jv37b0OCNVl3p/nv2Qwo=">AAAB83icbVDLSgMxFM3UV62vqks3wSK4KjNV0GXRjcsK9gGdUjLpnTY0kxmSO2IZ+htuXCji1p9x59+YtrPQ1gOBwznncm9OkEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVHJo8lrHuBMyAFAqaKFBCJ9HAokBCOxjfzvz2I2gjYvWAkwR6ERsqEQrO0Eq+j/CEQZi1p/1Gv1xxq+4cdJV4OamQHDb/5Q9inkagkEtmTNdzE+xlTKPgEqYlPzWQMD5mQ+haqlgEppfNb57SM6sMaBhr+xTSufp7ImORMZMosMmI4cgsezPxP6+bYnjdy4RKUgTFF4vCVFKM6awAOhAaOMqJJYxrYW+lfMQ042hrKtkSvOUvr5JWrepdVGv3l5X6TV5HkZyQU3JOPHJF6uSONEiTcJKQZ/JK3pzUeXHenY9FtODkM8fkD5zPH1INkd0=</latexit>

K

…
…

…

h(K)
m

<latexit sha1_base64="jCe7iCHIB57hydYcqDkMH/dI6K4=">AAAB+3icbVBNS8NAEN3Ur1q/Yj16CRahXkpSBT0WvQheKtgPaGPYbDft0s0m7E6kJeSvePGgiFf/iDf/jds2B219MPB4b4aZeX7MmQLb/jYKa+sbm1vF7dLO7t7+gXlYbqsokYS2SMQj2fWxopwJ2gIGnHZjSXHoc9rxxzczv/NEpWKReIBpTN0QDwULGMGgJc8s94FOwA/SUeaFj2n17izzzIpds+ewVomTkwrK0fTMr/4gIklIBRCOleo5dgxuiiUwwmlW6ieKxpiM8ZD2NBU4pMpN57dn1qlWBlYQSV0CrLn6eyLFoVLT0NedIYaRWvZm4n9eL4Hgyk2ZiBOggiwWBQm3ILJmQVgDJikBPtUEE8n0rRYZYYkJ6LhKOgRn+eVV0q7XnPNa/f6i0rjO4yiiY3SCqshBl6iBblETtRBBE/SMXtGbkRkvxrvxsWgtGPnMEfoD4/MHBI6Uag==</latexit>

h(0)
m

<latexit sha1_base64="phD7kdwiy+an3+t4V3xUevVmjjc=">AAAB+3icbVBNS8NAEN34WetXrEcvwSLUS0mqoMeiF48V7Ae0sWy2m3bp7ibsTqQl5K948aCIV/+IN/+N2zYHbX0w8Hhvhpl5QcyZBtf9ttbWNza3tgs7xd29/YND+6jU0lGiCG2SiEeqE2BNOZO0CQw47cSKYhFw2g7GtzO//USVZpF8gGlMfYGHkoWMYDBS3y71gE4gCNNR1hePacU9z/p22a26czirxMtJGeVo9O2v3iAiiaASCMdadz03Bj/FChjhNCv2Ek1jTMZ4SLuGSiyo9tP57ZlzZpSBE0bKlARnrv6eSLHQeioC0ykwjPSyNxP/87oJhNd+ymScAJVksShMuAORMwvCGTBFCfCpIZgoZm51yAgrTMDEVTQheMsvr5JWrepdVGv3l+X6TR5HAZ2gU1RBHrpCdXSHGqiJCJqgZ/SK3qzMerHerY9F65qVzxyjP7A+fwDbXZRP</latexit>

Routingh(k)
m

<latexit sha1_base64="hgRxEXb4iEmtyeKpzyDhGFrFcHM=">AAAB+3icbVBNS8NAEN34WetXrEcvi0Wol5JUQY9FLx4r2A9oY9lsN+3SzSbsTqQl5K948aCIV/+IN/+N2zYHbX0w8Hhvhpl5fiy4Bsf5ttbWNza3tgs7xd29/YND+6jU0lGiKGvSSESq4xPNBJesCRwE68SKkdAXrO2Pb2d++4kpzSP5ANOYeSEZSh5wSsBIfbvUAzYBP0hHWT98TCvj86xvl52qMwdeJW5OyihHo29/9QYRTUImgQqiddd1YvBSooBTwbJiL9EsJnRMhqxrqCQh0146vz3DZ0YZ4CBSpiTgufp7IiWh1tPQN50hgZFe9mbif143geDaS7mME2CSLhYFicAQ4VkQeMAVoyCmhhCquLkV0xFRhIKJq2hCcJdfXiWtWtW9qNbuL8v1mzyOAjpBp6iCXHSF6ugONVATUTRBz+gVvVmZ9WK9Wx+L1jUrnzlGf2B9/gA1TpSK</latexit>

gT1
<latexit sha1_base64="yQybFdImhJMYAB7cTeGZ1IV6X2g=">AAAB7nicbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04rFCv6CNZbOdtEs3m7C7EUroj/DiQRGv/h5v/hu3bQ7a+mDg8d4MM/OCRHBtXPfbWVvf2NzaLuwUd/f2Dw5LR8ctHaeKYZPFIladgGoUXGLTcCOwkyikUSCwHYzvZn77CZXmsWyYSYJ+RIeSh5xRY6X28DFr9L1pv1R2K+4cZJV4OSlDjnq/9NUbxCyNUBomqNZdz02Mn1FlOBM4LfZSjQllYzrErqWSRqj9bH7ulJxbZUDCWNmShszV3xMZjbSeRIHtjKgZ6WVvJv7ndVMT3vgZl0lqULLFojAVxMRk9jsZcIXMiIkllClubyVsRBVlxiZUtCF4yy+vkla14l1Wqg9X5dptHkcBTuEMLsCDa6jBPdShCQzG8Ayv8OYkzovz7nwsWtecfOYE/sD5/AETg49l</latexit>

h
(k)
1

<latexit sha1_base64="pAD9G+onUCSHI3dotxTtVH5ke5c=">AAAB+3icbVBNS8NAEN34WetXrEcvi0Wol5JUQY9FLx4r2A9oY9lsN+3SzSbsTqQl5K948aCIV/+IN/+N2zYHbX0w8Hhvhpl5fiy4Bsf5ttbWNza3tgs7xd29/YND+6jU0lGiKGvSSESq4xPNBJesCRwE68SKkdAXrO2Pb2d++4kpzSP5ANOYeSEZSh5wSsBIfbvUAzYBP0hHWd99TCvj86xvl52qMwdeJW5OyihHo29/9QYRTUImgQqiddd1YvBSooBTwbJiL9EsJnRMhqxrqCQh0146vz3DZ0YZ4CBSpiTgufp7IiWh1tPQN50hgZFe9mbif143geDaS7mME2CSLhYFicAQ4VkQeMAVoyCmhhCquLkV0xFRhIKJq2hCcJdfXiWtWtW9qNbuL8v1mzyOAjpBp6iCXHSF6ugONVATUTRBz+gVvVmZ9WK9Wx+L1jUrnzlGf2B9/gDY55RO</latexit>

h
(k)
N<latexit sha1_base64="4zdcdGG73OKTz6fuDsYLrDnlYlk=">AAAB+3icbVDLSsNAFJ3UV62vWJduBotQNyWpgi6LblxJBfuANobJdNIOnTyYuZGWkF9x40IRt/6IO//GaZuFth64cDjnXu69x4sFV2BZ30ZhbX1jc6u4XdrZ3ds/MA/LbRUlkrIWjUQkux5RTPCQtYCDYN1YMhJ4gnW88c3M7zwxqXgUPsA0Zk5AhiH3OSWgJdcs94FNwPPTUebePabV8VnmmhWrZs2BV4mdkwrK0XTNr/4goknAQqCCKNWzrRiclEjgVLCs1E8UiwkdkyHraRqSgCknnd+e4VOtDLAfSV0h4Ln6eyIlgVLTwNOdAYGRWvZm4n9eLwH/ykl5GCfAQrpY5CcCQ4RnQeABl4yCmGpCqOT6VkxHRBIKOq6SDsFefnmVtOs1+7xWv7+oNK7zOIroGJ2gKrLRJWqgW9RELUTRBD2jV/RmZMaL8W58LFoLRj5zhP7A+PwBBZiUaw==</latexit>

…
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<latexit sha1_base64="tyxBH07dGt5EQcwu5ptjiY7arTc=">AAACCHicbVA9SwNBEN3zM8avqKWFi0EQi3AXBS2DNpYRzAfkQtjbzCVL9j7YnRPDmdLGv2JjoYitP8HOf+NekkITHww83pthZp4XS6HRtr+thcWl5ZXV3Fp+fWNza7uws1vXUaI41HgkI9X0mAYpQqihQAnNWAELPAkNb3CV+Y07UFpE4S0OY2gHrBcKX3CGRuoUDlwJPlL3gboI9+j5KR91TqirRK+fyZ1C0S7ZY9B54kxJkUxR7RS+3G7EkwBC5JJp3XLsGNspUyi4hFHeTTTEjA9YD1qGhiwA3U7Hj4zokVG61I+UqRDpWP09kbJA62Hgmc6AYV/Pepn4n9dK0L9opyKME4SQTxb5iaQY0SwV2hUKOMqhIYwrYW6lvM8U42iyy5sQnNmX50m9XHJOS+Wbs2LlchpHjuyTQ3JMHHJOKuSaVEmNcPJInskrebOerBfr3fqYtC5Y05k98gfW5w8a15lj</latexit>

gT1
<latexit sha1_base64="yQybFdImhJMYAB7cTeGZ1IV6X2g=">AAAB7nicbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04rFCv6CNZbOdtEs3m7C7EUroj/DiQRGv/h5v/hu3bQ7a+mDg8d4MM/OCRHBtXPfbWVvf2NzaLuwUd/f2Dw5LR8ctHaeKYZPFIladgGoUXGLTcCOwkyikUSCwHYzvZn77CZXmsWyYSYJ+RIeSh5xRY6X28DFr9L1pv1R2K+4cZJV4OSlDjnq/9NUbxCyNUBomqNZdz02Mn1FlOBM4LfZSjQllYzrErqWSRqj9bH7ulJxbZUDCWNmShszV3xMZjbSeRIHtjKgZ6WVvJv7ndVMT3vgZl0lqULLFojAVxMRk9jsZcIXMiIkllClubyVsRBVlxiZUtCF4yy+vkla14l1Wqg9X5dptHkcBTuEMLsCDa6jBPdShCQzG8Ayv8OYkzovz7nwsWtecfOYE/sD5/AETg49l</latexit>

gTl
<latexit sha1_base64="9mmpvUK+v1EiLotw1m4Sctv6eBU=">AAAB7nicbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04rFCv6CNZbOdtEs3m7C7EUroj/DiQRGv/h5v/hu3bQ7a+mDg8d4MM/OCRHBtXPfbWVvf2NzaLuwUd/f2Dw5LR8ctHaeKYZPFIladgGoUXGLTcCOwkyikUSCwHYzvZn77CZXmsWyYSYJ+RIeSh5xRY6X28DFr9MW0Xyq7FXcOskq8nJQhR71f+uoNYpZGKA0TVOuu5ybGz6gynAmcFnupxoSyMR1i11JJI9R+Nj93Ss6tMiBhrGxJQ+bq74mMRlpPosB2RtSM9LI3E//zuqkJb/yMyyQ1KNliUZgKYmIy+50MuEJmxMQSyhS3txI2oooyYxMq2hC85ZdXSata8S4r1Yercu02j6MAp3AGF+DBNdTgHurQBAZjeIZXeHMS58V5dz4WrWtOPnMCf+B8/gBtKo+g</latexit>

Figure 5.2: Overview of MUCas: (a) A time interval-aware sub-cascade graphs sam-
pling layer; (b) MUG-Caps layer; (c) Influence attention layer; and (d) The prediction
layer.

{
gT1i , · · · , g

Tj
i , · · · , gTli , |j ∈ [1, l]

}
. Specifically, we first split the observation time

window to into l disjoint time intervals. Then, we sample sub-cascade graphs based
on these intervals. Each sub-cascade graph in GTiv is represented by an adjacency
matrix. Thus, GTiv

i is further represented as a sequence of adjacency matricesATiv
i ={

AT1
i ,A

T2
i , · · · ,ATl

i

}
.

Since the proposed sampling rule transforms the observed cascade graph into a fixed
number of sub-graphs, it is possible that no new retweet/citation occurs in one of
the intervals. To address this issue, we use the sub-graph of the interval before the
empty one as padding to ensure that the final length of GTiv equals l. Algorithm 3
formalizes the process of the Time interval-aware sampling method.

5.3.2 Multi-scale Cascade Representation Learning

After generating l discrete sub-cascade graphs, MUCas turns to learn high-level
representation of these sub-cascade graphs, which contains the multi-scale infor-
mation of cascade graphs. Inspired by the recent success of graph neural net-
works [41, 61, 126] and capsule network [127] in handling graph structured data,
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Time
t1

<latexit sha1_base64="Ynqb8X5/kiOyHX7xonGGLyOZ6hM=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+x7/XLFrbpzkFXi5aQCORr98ldvELM04gqZpMZ0PTdBP6MaBZN8WuqlhieUjemQdy1VNOLGz+anTsmZVQYkjLUthWSu/p7IaGTMJApsZ0RxZJa9mfif100xvPYzoZIUuWKLRWEqCcZk9jcZCM0ZyokllGlhbyVsRDVlaNMp2RC85ZdXSatW9S6qtfvLSv0mj6MIJ3AK5+DBFdThDhrQBAZDeIZXeHOk8+K8Ox+L1oKTzxzDHzifPwbmjaA=</latexit>

t2
<latexit sha1_base64="QkhZeJ8/5ytPGp7NPNhyJyw1LQM=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+zX+uWKW3XnIKvEy0kFcjT65a/eIGZpxBUySY3pem6CfkY1Cib5tNRLDU8oG9Mh71qqaMSNn81PnZIzqwxIGGtbCslc/T2R0ciYSRTYzojiyCx7M/E/r5tieO1nQiUpcsUWi8JUEozJ7G8yEJozlBNLKNPC3krYiGrK0KZTsiF4yy+vklat6l1Ua/eXlfpNHkcRTuAUzsGDK6jDHTSgCQyG8Ayv8OZI58V5dz4WrQUnnzmGP3A+fwAIao2h</latexit>

t3
<latexit sha1_base64="YA629ranIPUmZ/dNXTUQvIjXXco=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0laQY9FLx4r2lpoQ9lsN+3SzSbsToQS+hO8eFDEq7/Im//GbZuDtj4YeLw3w8y8IJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNnGqGW+xWMa6E1DDpVC8hQIl7ySa0yiQ/DEY38z8xyeujYjVA04S7kd0qEQoGEUr3WO/3i9X3Ko7B1klXk4qkKPZL3/1BjFLI66QSWpM13MT9DOqUTDJp6VeanhC2ZgOeddSRSNu/Gx+6pScWWVAwljbUkjm6u+JjEbGTKLAdkYUR2bZm4n/ed0Uwys/EypJkSu2WBSmkmBMZn+TgdCcoZxYQpkW9lbCRlRThjadkg3BW355lbRrVa9erd1dVBrXeRxFOIFTOAcPLqEBt9CEFjAYwjO8wpsjnRfn3flYtBacfOYY/sD5/AEJ7o2i</latexit>

ti
<latexit sha1_base64="tfoZ0NwakpmHAHaUfZOrJ8E+VAM=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mqoMeiF48V7Qe0oWy2m3bpZhN2J0IJ/QlePCji1V/kzX/jts1BWx8MPN6bYWZekEhh0HW/ncLa+sbmVnG7tLO7t39QPjxqmTjVjDdZLGPdCajhUijeRIGSdxLNaRRI3g7GtzO//cS1EbF6xEnC/YgOlQgFo2ilB+yLfrniVt05yCrxclKBHI1++as3iFkacYVMUmO6npugn1GNgkk+LfVSwxPKxnTIu5YqGnHjZ/NTp+TMKgMSxtqWQjJXf09kNDJmEgW2M6I4MsveTPzP66YYXvuZUEmKXLHFojCVBGMy+5sMhOYM5cQSyrSwtxI2opoytOmUbAje8surpFWrehfV2v1lpX6Tx1GEEziFc/DgCupwBw1oAoMhPMMrvDnSeXHenY9Fa8HJZ47hD5zPH1vGjdg=</latexit>

ti�1
<latexit sha1_base64="CY4X+SkeCL3peBGiP3gy4rURZfE=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBiyWpgh6LXjxWsB/QhrLZbtqlm03YnQgl9Ed48aCIV3+PN/+N2zYHbX0w8Hhvhpl5QSKFQdf9dgpr6xubW8Xt0s7u3v5B+fCoZeJUM95ksYx1J6CGS6F4EwVK3kk0p1EgeTsY38389hPXRsTqEScJ9yM6VCIUjKKV2tjPxIU37ZcrbtWdg6wSLycVyNHol796g5ilEVfIJDWm67kJ+hnVKJjk01IvNTyhbEyHvGupohE3fjY/d0rOrDIgYaxtKSRz9fdERiNjJlFgOyOKI7PszcT/vG6K4Y2fCZWkyBVbLApTSTAms9/JQGjOUE4soUwLeythI6opQ5tQyYbgLb+8Slq1qndZrT1cVeq3eRxFOIFTOAcPrqEO99CAJjAYwzO8wpuTOC/Ou/OxaC04+cwx/IHz+QP85o9W</latexit>

ti+1
<latexit sha1_base64="ZPlBwEiPyVR13zCzWILbEHKp93s=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBZBEEpSBT0WvXisYD+gDWWz3bRLN5uwOxFK6I/w4kERr/4eb/4bt20O2vpg4PHeDDPzgkQKg6777RTW1jc2t4rbpZ3dvf2D8uFRy8SpZrzJYhnrTkANl0LxJgqUvJNoTqNA8nYwvpv57SeujYjVI04S7kd0qEQoGEUrtbGfiQtv2i9X3Ko7B1klXk4qkKPRL3/1BjFLI66QSWpM13MT9DOqUTDJp6VeanhC2ZgOeddSRSNu/Gx+7pScWWVAwljbUkjm6u+JjEbGTKLAdkYUR2bZm4n/ed0Uwxs/EypJkSu2WBSmkmBMZr+TgdCcoZxYQpkW9lbCRlRThjahkg3BW355lbRqVe+yWnu4qtRv8ziKcAKncA4eXEMd7qEBTWAwhmd4hTcncV6cd+dj0Vpw8plj+APn8wf52o9U</latexit>

tz
<latexit sha1_base64="v4HQCYI5S6XZ+jLhmOEEk6vF2LM=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4KkkV9Fj04rGi/YA2lM120y7dbMLuRKihP8GLB0W8+ou8+W/ctjlo64OBx3szzMwLEikMuu63s7K6tr6xWdgqbu/s7u2XDg6bJk414w0Wy1i3A2q4FIo3UKDk7URzGgWSt4LRzdRvPXJtRKwecJxwP6IDJULBKFrpHntPvVLZrbgzkGXi5aQMOeq90le3H7M04gqZpMZ0PDdBP6MaBZN8UuymhieUjeiAdyxVNOLGz2anTsipVfokjLUthWSm/p7IaGTMOApsZ0RxaBa9qfif10kxvPIzoZIUuWLzRWEqCcZk+jfpC80ZyrEllGlhbyVsSDVlaNMp2hC8xZeXSbNa8c4r1buLcu06j6MAx3ACZ+DBJdTgFurQAAYDeIZXeHOk8+K8Ox/z1hUnnzmCP3A+fwB1io3p</latexit>

T1
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(b) Time interval-aware Sampling

Figure 5.3: Illustration of sampling sub-cascade graph sequence: time-aware sam-
pling vs. time interval-aware sampling. z is the number of timestamps; l is the number
of time intervals, and l is fixed and set manually.

we propose a MUlti-scale Graph Capsule Network (MUG-Caps) to learn the latent
representation for cascade graph from GTiv . MUG-Caps is composed of two main
parts, i.e., (1) the node embedding layer and (2) the capsule-based hybrid aggregation
layer.

Node Embedding Layer: We propose a Multi-scale Graph Network (MGN) as
the node embedding module, which learns node representations at the sub-graph
level simultaneously from direction-scale, position-scale, and high-order-scale. The
implementation of MGN is based on the graph convolutional networks (GCN) [61].
Original GCN proposes graph convolution approximations in the spectral domain
based on graph Fourier transform, which is computationally efficient and achieves
competitive performance in many tasks [128, 129]. However, it still faces some
limitations in cascade modeling:

(1) GCN focuses on static and undirected graphs, whereas cascade graphs are
dynamic and directed graphs.

(2) GCN updates a node’s representation by aggregating its first-order neighbors
and itself, failing to capture each node’s infected order, i.e., the node’s position
information.

(3) GCN aggregates the high-order information for a node through stacking mul-
tiply graph convolutional layers. As demonstrated by many later improved
works [126, 130], deeper GCN could not improve the performance and even
performs worse in graph representation learning.

Our MGN addresses these limitations through revising the convolution kernel of
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Algorithm 3: The algorithm for transforming cascade graph into a fixed-length
sub-graph sequence: Time interval-aware sampling.
Input: Observed cascade graph Ci(to), time window to, and time interval number

l.
Output: A fixed-length sub-graph sequence GTiv

i =
{
gT1i , · · · , gTli

}

1: for n = 1,2,...,l do
2: for Set of nodes Ui(tj), set of edges Ei(tj) and corresponding timestamp tj

in Ci(to) do
3: Compute the time interval index m = b (tj−t1)

dto/le c+ 1.
4: if m ≤ n then
5: Add Ui(tj) and Ei(tj) into gTni .
6: end if
7: end for
8: end for

GCN, which is defined as:

H = gθ ∗X = σ[ ‖
k∈O

, ‖
φ∈{in,out}

(Â
(k)

φ XW(k)
φ ),PWP ], (5.1)

where ‖
k∈O

and ‖
φ∈{in,out}

represent the order-level concatenation and direction-level

concatenation, respectively; [·] is a tiling concatenate operation; σ is an element-wise
activation such as ReLU; Â

(k)

φ denotes the normalized adjacency matrix Âφ ∈ RN×N

multiplied by itself k times; N is the number of nodes in current sub-cascade graph;
X ∈ RN×F is the input graph signal – F is the dimension number; and O is a set
of integer adjacency powers – the value of O is from 0 to the max-order K of the
current sub-cascade graph. φ ∈ {in, out} represents the in- and out-directions of the
adjacency matrix, respectively. A = Ain = (Aout)

T . The asymmetric normalized
adjacency matrix Âφ of each direction can be calculated as:

Âφ = (D̄φ)−1Āφ,

Āφ = Aφ + IN ,
(5.2)

where IN is the identity matrix, and (D̄φ)ii =
∑

j(Āφ)ij is the diagonal degree
matrix.

In MGN, initially X = A. Further, P ∈ RN×Fp is a position embedding matrix
for current sub-cascade graph, and Fp is an adjustable dimension. Specifically,
we initialize the position embedding matrix P = {p1, · · · ,pu, · · · ,pN} through
positional encoding PE(u) [131] as:

PE(u)2d = sin(u/100002d/dp),

PE(u)2d+1 = cos(u/100002d/dp),
(5.3)
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where 1 ≤ d ≤ Fp/2 denotes the dimension index in pu. The details of this formula
are referred to [131].

In Eq.(5.1), W(k)
φ ∈ RF×Fd is the weight matrix for each direction on different order,

and WP ∈ Rdp×Fp is another weight matrix used to transform position embed-
dings. The output node embedding matrix is denoted as H ∈ RN×K×(2Fd+Fp) and
H = {h1, · · · ,hm, · · · ,hN}, respectively. When implementing MGN, there is no
need to calculate Â

k

φ for each order. Instead, we calculate Â
k

φX via right-to-left

multiplication. For example, when k = 2, Â
2

φX is calculated as Âφ(Âφ(IX)), where
I is the identity matrix. MGN can be regarded as a single layer using multiple times
during actual training. The calculation of MGN is outlined in Algorithm 4.

The rationale behind MGN: MGN handles the direction-scale of cascade
through modeling the incoming and outgoing relations of the cascades, i.e. Â

(k)

φ XW(k)
φ

in Eq. (5.1). Moreover, because the directed graph is asymmetric, we use the
asymmetric normalization Âφ = (D̂φ)−1Āφ to replace the symmetric normaliza-

tion D̂
− 1

2 ĀD̂
− 1

2 used in vanilla GCN. MGN utilizes the adjacency matrix’s multiple
powers to mix the feature representations of higher-order neighbors in one graph
convolutional layer via transitive closure, which is used to handle the high-order-
scale. In our implementation, the sub-cascade graph is an acyclic directed graph,
and the value of A(k)

ij can be either 0 or 1. When A(k)
ij = 1, there is a path between vi

to vj. For arbitrary power p and q, Ap
ijA

q
ij = 0 will always be held, which eliminates

the problem of layer output – imposing the lower-order information on higher-order
relations and increase the feature correlations [132]. As for the position-scale,
MGN adds position embeddings to the convolution kernel, which enriches each node
feature with its corresponding position information.

Capsule-based Hybrid Aggregation Layer From the node embedding layer,
we obtain a set of node embedding matrix for each sub-cascade graph, denoted
as S = {H1,H2, · · · ,Hl}, where S ∈ Rl×N×K×(2Fd+Fp). Inspired by the work of
capsule networks [127, 133], we design a capsule-based hybrid aggregation layer to
aggregate the learned node features from order-level, node-level, and graph-level
through dynamic routing, respectively.

The general procedure of dynamic routing is shown in Algorithm 5: (1) Lower-
level capsules U ∈ R|U|×FU are linearly transformed through shared matrix W ∈
R|U|×|S|×FU×FS , where |U| and FU are the number of lower-level capsules and the
dimensions, respectively. Here we introduce W that not only guarantees the feature
representation ability of the center vector after clustering, but also being able to
identify the order of input features. The result of this step is a set of votes V̂ ∈
R|U|×|S|×FS (cf. line 1 in Algorithm 5), where |S| and FS are the number of upper-
level capsule and the dimensions, respectively. (2) Upper-level capsules S ∈ R|S|×FS
are computed based on the votes via line 3–7 in Algorithm 5, where cij ∈ R|U|×|S|×1
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Algorithm 4: Calculation of multi-scale graph network.
Input: Feature matrix X, normalized adjacency matrix Âφ for both in- and

out-directions, a set of order powers O and its max-value K = max(O), and
positional embedding matrix P.

Parameters: {W(k)
φ }k∈O and WP .

1: P̂ := PWP

2: Bin,Bout := X
3: for k in O do
4: if k = 0 then
5: Bin := IBin

Bout := IBout

6: else
7: Bin := ÂinBin

Bout := ÂoutBout

8: end if
9: H(k) := CONCAT(BinW

(k)
in ,BoutW

(k)
out, P̂)

10: end for
11: H := CONCAT(H(0), · · · ,H(k), · · · ,H(K))
12: return σ(H)

Algorithm 5: Dynamic routing mechanism in MUCas.
Input: Lower-level capsules U, iteration number τ .
Output: Upper-level capsules S
1: for all lower-level capsules i: v̂j|i = Wijui
2: bij ← 0
3: for τ iterations do
4: for all lower-level capsules i: cij ← softmax(bij)
5: for all upper-level capsules j: sj ←

∑
i cijv̂j|i + bj

6: for all upper-level capsules j: s̃j ← Squash(sj)
7: for all lower-level capsules i to all upper-level capsules j:

bij ← bij + v̂j|i · s̃j
8: end for
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is the coupling co-efficiency that helps weight the votes, and the non-linear “squash"
function is denoted as Squash(x) = ‖x‖2

0.5+‖x‖2
x
‖x‖ .

We add biases to the calculation of sj at line 5, which can solve a critical problem in
capsule networks – indistinguishableness between the positive inputs and negative
inputs [134].

In this layer, we defined three levels of capsules, i.e., order-level capsule, node-level
capsule, and graph-level capsule, whose specific definitions are as follows:

Order-level capsule is represented as hm ∈ RK×(2Fd+Fp), focusing on specific node
embedding in the sub-cascade graph. It aims to aggregate the higher-order infor-
mation for each node into one node-level capsule nm ∈ R1×Fn , where Fn is the
dimension of node-level capsule.

Node-level capsule: As for a specific sub-cascade graph gTj , it has a set of node-
level capsules Nj = {n1, · · · ,nm, · · · ,nN}, Nj ∈ RN×Fn , used Nj to generate the
graph-level capsule gj ∈ R1×Fg via dynamic routing, where Fg is the dimension of
graph-level capsule.

Graph-level capsule: We have a set of graph-level capsules G, each of which
corresponds to a specific sub-cascade graph, i.e., G =

{
g1, · · · ,gj, · · · ,gl

}
, G ∈

Rl×Fg . Note that each graph-level capsule contains the properties of the cascade
from different time intervals.

How does MUG-Caps work? Above we presented the details of the two components
of MUG-Caps, i.e., MGN and the capsule-based hybrid aggregation layer. Now
we turn to explain how the two components collaborate. MUG-Caps, as shown in
Figure 5.2, takes a subgraph as input, which is first fed into an MGN layer to learn
the embedding for each node that contains node direction-scale information, higher-
order-scale information, and position-scale information as detailed in Section 5.2.
After this layer, each node is represented as K vectors, with each vector matched
to a different order level, referred to as the order-level capsules. Next, these order-
level capsules are fed into the hybrid aggregation layer. Then dynamic routing is
employed to aggregate order-level capsules to form a node-level capsule for each
node. Finally, the dynamic routing aggregates these node-level capsules to build
a graph-level capsule for the subgraph. The concrete calculation of MUG-Caps is
shown in steps 3 to 11 in Algorithm 6.

5.3.3 Sub-graph Level Influence Attention

Previous works have demonstrated that user influence will decay significantly with
time [9, 10]. In our work, we aim to learn such influence changes (dynamic-scale) at
the sub-graph level, i.e., we assume that the sub-cascade graph’s influence decays as
the interval index increases. Inspired by self-attention mechanism [135], we employ a
neural function to learn the influence attention. First, we represent the time-interval
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as a one-hot vector tj ∈ Rl, and then map tj to λj through a fully-connected layer
with sigmoid function. Here the λj is used to describe the time decay effect.

λj = sigmoid(Wttj + bt), (5.4)

where Wt ∈ RFg×l and bt ∈ RFg . According to the time decay effect vector λj and
graph-level capsules G, we define the influence attention as:

αj =
exp(

〈
w,λj � gj

〉
)

∑l
i=1 exp(〈w,λi � gi〉)

(5.5)

where w ∈ RFg . Given the influence attention αj, we calculate the graph-level
capsule as:

ĝj = αjgj (5.6)

5.3.4 Information Cascade Prediction

Though our work focus on information popularity prediction, unlike existing works,
we add an auxiliary task – an extra classification task i.e., whether a cascade would
go viral, as a supplementary for the cascade size prediction. That is, we predict
whether a cascade can break out a certain threshold value. This step is also imple-
mented using dynamic routing over Ĝ = {ĝj|j ∈ [1, l]} to generate class capsules
C ∈ RQ×Fc , where Q is the number of class, and Fc is the dimension of class cap-
sules. The norm of class capsule ‖cq‖ represents the probability belonging to class
q. And, we use a margin loss to calculate the classification loss:

`1 =
∑

q

{
µqmax(0,m+ − ‖cq‖)2 + ξ(1− µq)max(0, ‖cq‖ −m−)2

}
(5.7)

where m+ = 0.9, m− = 0.1, and µq = 1 iff the cascade belongs to class q. Here ξ is
used to stop initial learning from reducing the length of all class capsules, especially
when Q is large.

Subsequently, we use a weighted sum operation on C to obtain the representation
for a cascade Ĉ. The weight is calculated through ‖c∗‖:

ωq =
exp(‖cq‖)∑Q
∗=1 exp(‖c∗‖)

,

Ĉ =
∑

q

ωqcq
(5.8)

We use a fully-connected layer to predict the increment size ∆S = FC
(
Ĉ
)
. The

loss function is:
`2 =

(
log ∆S − log ∆S̃

)2

(5.9)
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where ∆S̃ is the ground truth. Finally, the overall loss function for a batch is

L =
1

b

b∑

i=1

(β`i1 + (1− β)`i2) (5.10)

where b is the number of cascades in a batch, and β is used to balance the `1 and
`2 losses.

Algorithm 6: Learning with MUCas.
Input: Time-interval aware sub-cascade graphs for n cascade graphs

ATiv =
{
ATiv

1 , · · · ,ATiv
i , · · · ,ATiv

n ,
}
; Max order K; Batch size b.

Output: Incremental size ∆S = {∆S1, · · · } of cascades.
1: repeat
2: b = 1, 2, ...
3: for adjacency matrix sequence ATiv

i in batch b do
4: for ATj

i ∈ ATiv
i do

5: Compute the node embeddings Hj for jth sub-cascade graph according
to Eq. (5.1).

6: for node embedding hm ∈ Hj do
7: Use hm to compute the node-level capsule nm according to

Algorithm 5.
8: end for
9: Nj ← {n1, · · · ,nN}
10: Use Nj to generate the graph-level capsule gj according to Algorithm 5.
11: end for
12: Gi ← {g1, · · · ,gl}
13: Compute influence attention αj according to Eq. (5.4), (5.5).
14: Compute newly graph-level capsules Ĝi according to Eq. (5.6).
15: /*Extra classification task*/
16: Use Ĝi to compute class capsules Ci according to Algorithm 5.
17: /*Popularity prediction task*/
18: Calculate cascade representation C

′

i according to Eq. (5.8).
19: Feed C

′

i into fully-connected layer to compute incremental size ∆Si of
cascade.

20: Use Adaptive moment estimation (Adam) to optimize the objective
function in Eq.(5.10) and update all the parameters.

21: end for
22: until convergence;

5.3.5 Complexity Analysis

We finish this section with a discussion of the computational complexity of the
main components in MUCas, i.e., the cost of (1) node embedding layer, and (2)
capsule-based hybrid aggregation layer.
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Node embedding layer: We use MGN to learn node embeddings from the sub-
cascade graph, whose calculation is shown in Eq. (5.1). As for direction-scale,
MGNmodels both the incoming and outgoing relations of the cascades via Â

(k)

φ XW(k)
φ .

Recall that the dimensions of X, W(k)
φ , and Wp are F , Fd, and Fp, respectively.

Besides, the max-order is K, and the normalized adjacency matrix Âφ in our imple-
mentation is a sparse matrix with |E| nonzero elements – |E| is the number of edges
in current graph. In addition, the number of nodes is denoted as N . According to
existing works [61, 126], for a single direction at each order, the calculation is con-
ducted via sparse-dense matrix multiplications, and the computational complexity is
O(|E| ×F ×Fd). Taking the high-order-scale into consideration, the computational
complexity is then O(K × |E| × F × Fd). As for positional-scale, the calculation
of WpP is completed via matrix multiplication, which requires O(N × dp × Fp)

computations. Therefore, the total computational time cost of evaluating Eq. (5.1)
is then O(2×K × |E| × F × Fd +N × dp × Fp).

Capsule-based hybrid aggregation layer: This layer is implemented by exe-
cuting dynamic routing between different levels capsules. Specifically, we adopt
a dynamic routing mechanism for τ iterations over |U| lower-level capsules and
generate |S| upper-level capsules. This learning process requires O(τ × |U| ×
|S|) computations [136]. From the MGN, we get the order-level capsule H ={
h1, · · · ,hm, · · · ,hN |hm ∈ RK×(2Fd+Fp)

}
. For each node m, it generates the node-

level capsule from order-level capsules, whose computational complexity is O(τ ×
K× 1). Because there are N nodes, the total time of generating node-level capsules
for all nodes is O(N×τ ×K×1). Similarly, generating the graph-level capsule from
node-level capsules can be done within O(τ×N×1) time. The overall computational
time is therefore O(N × τ ×K × 1 + τ ×N × 1).

5.4 Evaluation

In this section, we compare the performance of our proposed model MUCas with
the state-of-the-art approaches, and several variants of MUCas, on information pop-
ularity prediction. In particular, we provide the quantitative results to answer the
following research questions:

• Q1: How does MUCas perform on cascade size prediction compared with the
state-of-the-art baselines?

• Q2: How do different scales of information modeled in MUCas contribute to
the overall performance?

• Q3: How do the key hyper-parameters affect the performance of MUCas?
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Table 5.2: Statistics of datasets
Dataset Weibo APS
# Ori. Cascades 119,313 636,294
# Nodes 5,918,473 636,294
# Edges 12,204,245 3,425,508
Avg. popularity 173 13
Train (0.5 Hour/ 3 Years) 19,472 24,636
Val (0.5 Hour/ 3 Years) 4,173 5,279
Test (0.5 Hour/ 3 Years) 4,172 5,278
Train (1 Hour/ 5 Years) 19,124 33,408
Val (1 Hour/ 5 Years) 4,098 7,159
Test (1 Hour/ 5 Years) 4,097 7,158

5.4.1 Datasets

We evaluate the effectiveness and generalizability of MUCas on two scenarios. The
first one is to predict the size of retweet cascades in Sina Weibo and the second one
is to forecast the citation count of papers in citation dataset APS. The statistics of
the datasets used in this work has shown in Table 5.2.

Sina Weibo: The description of the Weibo dataset is given in Section 4.4.1. Fig-
ure 5.4a plots the distribution of the cascade size (the number of re-tweets of each
post), which, obviously, follows an power-law distribution and reflects the Pareto
principle (80/20 rule). Figure 5.5a shows the distribution of depth over all cascades,
which roughly follows an exponential distribution, indicating that the majority of
cascades have a shallow depth, i.e., most of them are less than 5. The depth of a
cascade is the length of the longest path, which also equals to the max-order of the
cascade. Due to the effect of diurnal rhythm in Weibo [9], in our experiments, the
cascades with the publication time before 8 am and after 6 pm were filtered out,
leaving each post at least 6 hours to obtain retweets. As shown in Figure 5.6a, on
average, a message receives about 70% retweets within 5 hours.

APS: APS 1 is provided by American Physical Society (APS), which consists of
pairs of APS articles that cite each other for the corpus of Physical Review Letters,
Physical Review, and Reviews of Modern Physics from 1893 to 2018. The papers
from 1893 to 1997 are selected as observations so that each of the papers is allowed
to develop for at least 20 years. In the citation scenario, the size of a cascade is
the citation count. Figure 5.4b shows the distribution of cascade size in the APS
dataset, which exhibits a power-law distribution. Figure 5.5b shows the distribution
of the depth over all cascades in APS, which has a similar trend with Weibo. As
shown in Figure 5.6b, on average, the citation reaches around 50% of the final size
within 5 years.

1http://journals.aps.org
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Settings: In our experiments, we use the same dataset settings as in previous
works [9, 69]. The observation time window in Weibo data is set to to = 0.5 and
to = 1 hour. For the observation window of the APS dataset, we choose to = 3 and
5 years. For both Weibo and APS datasets, we filter out cascades whose observed
size Sobs < 10. And for those cascades whose Sobs > 100, we only track the first 100

retweets. In addition, we randomly split each dataset into a training set (70%), a
validation set (15%), and a testing set (15%) following existing works [9, 69].

101 102 103 104 105

Size of cascades

100

101

102

103

N
um

be
r o

f c
as
ca
de

s

(a) Weibo dataset

100 101 102 103 104

Size of cascades

100

101

102

103

104

105

N
um

be
r o

f c
as
ca
de

s

(b) APS dataset

Figure 5.4: Cascade size distributions of Weibo (left), and APS (right) in log-log
scales.
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Figure 5.5: Distribution of depth (max-order) of cascades.

5.4.2 Baselines

To validate MUCas’s performance in cascade prediction, we select following state-
of-the-art baselines for comparison:

• Feature-Linear, Feature-Deep, DeepCas [8] and DeepHawkes [9] are
already introduced in Section 4.4.2, for brevity, we will not repeat them here.
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Figure 5.6: Normalized popularity distribution of cascades: retweets (citations) vs.
time.

• CasCN: CasCN (in Chapter 4) is the first graph convolution network (GCN)-

based framework exploiting both temporal and structural information for cas-

cade size prediction. It decomposes a cascade graph into a sequence of sub-

cascade graphs based on propagation time, while learning the local structure

and its evolving process of cascade structure through the combination of graph

convolutions and LSTM.

• VaCas [69]: VaCas is the first Bayesian learning-based approach that uses

pre-trained node embeddings of the cascade as input and leverages a hierar-

chical variational information diffusion model to learn the posterior of cascade

distribution with variational inference.

• Cascade2vec [62]: Cascade2vec is an improvement of CasCN, which proposes

a new graph convolutional kernal – graph perception network (GPN) to replace

the original GCN in CasCN. It also introduces the attention mechanism to

learn different importance of each sub-graph.

5.4.3 Evaluation Metric

Following previous studies [8, 9, 35], we use mean square logarithmic error (MSLE)

and symmetric mean absolute percentage error (SMAPE) for prediction performance

evaluation. In addition, we also report the coefficient of determination (R2) of
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different models. The formulation of all evaluation metric is defined as:

MSLE =
1

n

n∑

i=1

(
log ∆Si − log ∆S̃i

)2

SMAPE =
1

n

n∑

i=1

| log ∆Si − log ∆S̃i|
(| log ∆Si|+ | log ∆S̃i|)/2

R2 = 1−
∑n

i=1(log ∆Si − log ∆S̃i)
2

∑n
i=1(log ∆S̃i − 1

n

∑n
i=1 log ∆S̃i)2

(5.11)

where n is the total number of posts, ∆Si is the predicted incremental size for post
mi, and ∆S̃i is the ground truth. Note that, the value of MSLE and SMAPE the
smaller the better, in contrast, the value of R2 the bigger the better.

5.4.4 Experimental Settings and Parameter Tuning

Parameter settings: Models mentioned above are optimized to the best perfor-
mance which involves several key hyper-parameters. The L2 coefficient of Feature-
Linear is chosen from 10{0,−1,−2··· ,−8}. The node embedding size for DeepCas, Deep-
Hawkes, CasCN, and Cascade2vec is set to 50. The hidden layer of each GRU has
32 units, and the hidden dimensions of the two-layer fully-connected layers for all
deep learning-based methods are 32 and 16, respectively. The learning rate for node
embeddings in DeepCas and DeepHawkes is 5×10−4 and the learning rate for other
methods are 5 × 10−3. The batch size is set as 64. All other hyper-parameters are
set to the same values as used in the original papers.

As for our MUCas, the basic parameters (e.g., the learning rate is 5×10−4 and batch
size is 64, etc.) are the same as above deep learning-based approaches, except that
the max-order K and iteration number τ are chosen from 1 to 5. The embedding
size of positional embedding is chosen from {30, 50, 100, 150, 200}, the hidden size
for MGN is 60, and the hidden size for node-level capsule, graph-level capsule and
the class capsule is 30, 8 and 16, respectively. In addition, the number of time
intervals is set to 6. For the auxiliary classification task, the number of classes Q is
equal to 2. Specifically, we label a cascade as 1 if its increased size is twice or more
than its observed size, 0 otherwise. All methods, including ours, are tuned to the
best performance with early stopping when validation errors has not declined for 10

consecutive epochs.

Experimental environment: The experiments are conducted on a sever with Intel
E5-2680 v4 2.40GHz, one NVIDIA GeForce GTX 3090, and 256GB memory.

5.4.5 Performance Comparison (Q1)

The overall performance of MUCas as well as the state-of-the-art baselines are shown
in Table 5.3 and Table 5.4, from which we have the following important observa-
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Table 5.3: Performance comparison between baselines and MUCas onWeibo datasets.
A paired t-test is performed and ∗ indicates a statistical significance p < 0.001 as
compared to the best baseline method.

Model
Weibo

0.5 Hour 1 Hour
MSLE SMAPE R2 MSLE SMAPE R2

Feature-Linear 2.959 0.331 0.351 2.710 0.356 0.461
Feature-Deep 2.815 0.311 0.379 2.646 0.353 0.465
DeepCas 2.914 0.330 0.352 2.747 0.358 0.459
DeepHawkes 2.891 0.321 0.379 2.632 0.352 0.468
CasCN 2.804 0.311 0.381 2.601 0.350 0.468
Cascade2vec 2.752 0.308 0.384 2.589 0.348 0.479
VaCas 2.586 0.291 0.504 2.359 0.333 0.518
MUCas 2.081* 0.271* 0.621* 1.882* 0.308* 0.647*
(Improvements) 19.53% 6.87% 23.21% 20.22% 7.51% 24.90%

Table 5.4: Performance comparison between baselines and MUCas on APS datasets.
A paired t-test is performed and ∗ indicates a statistical significance p < 0.01 as
compared to the best baseline method.

Model
APS

3 Years 5 Years
MSLE SMAPE R2 MSLE SMAPE R2

Feature-Linear 2.100 0.289 0.126 2.087 0.358 0.311
Feature-Deep 1.996 0.358 0.221 1.874 0.352 0.322
DeepCas 2.033 0.361 0.213 1.944 0.365 0.318
DeepHawkes 1.831 0.344 0.241 1.588 0.337 0.363
CasCN 1.818 0.274 0.244 1.574 0.337 0.367
Cascade2vec 1.783 0.272 0.258 1.560 0.336 0.373
VaCas 1.723 0.268 0.283 1.507 0.335 0.394
MUCas 1.557* 0.263* 0.355* 1.439* 0.333* 0.426*
(Improvements) 9.63% 1.87% 25.44% 4.51% 0.59% 8.12%

tions.

(O1) MUCas outperforms the baselines by a large margin, e.g., as for the MSLE, it
reduces the prediction error up to 19.53%, 20.22% on the Weibo dataset and 9.63%
and 4.51% on the ASP dataset when compared to the best baseline – VaCas, when
to is set to 0.5, 1 hour and 3, 5 years on Weibo and APS, respectively. We plot the
training process of MUCas on the Weibo and APS dataset and show the results in
Figure 5.7. Clearly, the training loss of MUCas consistently decreases and converges
to a lower value.

(O2) The gap between handcrafted feature-based methods and most deep learning-
based baselines are quite small. In some cases the handcrafted feature-based meth-
ods even beat some deep learning-based methods. Comparing the Feature-Deep
with DeepCas, for example, we can observe that a fully connected layer is enough
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Figure 5.7: Convergence of MUCas on Weibo and APS datasets.

to achieve competitive results than complicated neural networks (DeepCas) if we
have a set of well-designed hand crafted features. However, obtaining such fea-
tures requiring extensive domain knowledge, which is hard to be generalized to new
domains.

(O3) DeepCas – the first deep-learning based approach for cascade size prediction –
performs the worst among the deep learning baselines, because it simply learns the
cascade representation based on sampled random walks but ignores temporal and
topological information. DeepHawkes, while being successful in modeling temporal
information for cascades in a generative learning manner, does not perform well due
to its weak ability to learn structural information.

(O4) The rest of the baselines, i.e., CasCN, Cascade2vec and VaCas, generate com-
petitive results because they explore structural and temporal information at the
same time. When comparing CasCN with Cascade2vec, the performance of Cas-
cade2vec is slightly better, due to the modified convolutional kernel in Cascade2vec,
which indeed improves the ability of learning structural features. Besides, VaCas
employed VAE [70] to solve the uncertainty problem in structural representation
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learning and therefore achieves higher accuracy compared to other baselines. Our
MUCas not only combines the advantages of CasCN and VaCas, but also takes
into account the high-order-scale and position-scale of a cascade graph, leading to a
significant improvement in prediction performance.

(O5) When examining the methods with different observation window to, we can
observe a general trend, i.e., the larger the to, the accurate the predictions. This
is intuitive because longer observation time reveals more temporal and structural
knowledge regarding information diffusion that helps cascade size prediction.

5.4.6 Ablation Study (Q2)

To better investigate the contribution of each scale of information modeled in MU-
Cas, we derive the following variants of MUCas:

-Direction: In “-Direction", we do not consider the directional relation in cascades,
i.e., regarding the cascade graphs as undirected graphs. We replace the MGN to
a vanilla GCN [61] and calculate the normalized adjacency matrix according to

Â = D̂
− 1

2 ĀD̂
− 1

2 .

-Order: In “-Order", we only focus on 1st-order neighbors in the cascade graphs,
i.e., setting the max-order number K to 1.

-Position: In “-Position", we ignore the node’s relative position in cascade graph,
i.e., removing the computation of position information PWp in MGN.

-Dynamic: In “-Dynamic", we remove the sub-graph level influence attention com-
ponent, and use G directly.

Figure 5.8 shows the performance comparisons among MUCas and its variants, which
illustrates that: (i) the original MUCas achieves the best performance compared
with other variants, demonstrating the motivation of our work, i.e., considering the
four different scale information for cascade modeling. (ii) From the comparison be-
tween “-Direction" and “-Position", we find that effectively modeling the directional
relation and node’s relative position in the cascade graph will improve the prediction
performance. (iii) Removing “-Order" and “-Dynamic" bring a remarkable decrease
of the prediction performance, which implies that: (a) nodes with different orders
play different importance in prediction task, and (b) the influence decreases as the
cascade graph evolves.

In order to quantify the effectiveness of different levels of capsules, i.e., order-level,
node-level, and graph-level capsule, we test the model performance by designing
several single capsule-based variants of MUCas, including:

Order-level: In “Order-level", we apply sum-pooling to aggregate the order-level
capsules h∗ for each node and form node-level capsule n∗. Finally, the sum-pooling
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Figure 5.8: Ablation study of MUCas on two datasets.

operation is employed again to aggregate node-level capsules to form the graph-level
capsule g∗.

Node-level: In “Node-level", we apply dynamic routing to aggregate order-level
capsules h∗ to form node-level capsule n∗. Subsequently, sum-pooling is used to
aggregate node-level capsules to form the graph-level features g∗.

Graph-level: In “Graph-level", we apply sum-pooling to generate node-level cap-
sule n∗ from h∗, and then employ dynamic routing to aggregate node-level capsules
to form the graph-level capsule g∗.

Figure 5.9 illustrates the differences between three single capsule-based variants and
MUCas. The experimental results are shown in Figure 5.10, where we can find that:
(i) Compared to all single capsule-based variants, the original MUCas performs
the best; (ii) Even keeping only one single-level capsule, the model performance is
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Figure 5.9: Illustration of single capsule-based variants of MUCas.

still superior to all the baselines in Table 5.3 and Table 5.4; and (iii) Compared to
original MUCas, the “order-level" variant performs the worst, while the performance
of the other two variants (i.e., node-level and graph-level) do not drop a lot. This
result demonstrates that (1) the three-level capsules are indispensable, and (2) the
dynamic routing is efficient in aggregating features.

5.4.7 Hyper-parameter Sensitivity (Q3)

We study several important hyper-parameters that may influence the prediction
performance of our model. Here we select the Weibo data set for the experiments
and omit APS as the results are expected to be similar. The impact of the choice
of hyper-parameters is shown in Figure 5.11.

• Impact of max-order K: we try different values of max-order K from 1 to
5, and the prediction results of MUCas are shown in Figure 5.11a and Fig-
ure 5.11b. When the observation time is 0.5 hour, our MUCas achieves the
best performance if K = 3. But for 1 hour observation, the optimal value of K
is 4. The reason is that with the increase of observation time, the information
are more likely to propagated to more nodes with deeper depth.

• Impact of embedding size of positional embedding Fp: we change the dimensions
Fp of positional embedding P within {30, 50, 100, 150, 200}. Compare the re-
sults on 0.5 hour with the results on 1 hour (Figure 5.11c and Figure 5.11d), we
can see that larger embedding size sometimes may degrade the performance,
and the proper embedding size should fall into the scope of [50, 150]. We hy-
pothesize the reason is that most cascade graphs are small, though a few of
them may diffuse to a large number of nodes, i.e., the 80/20 rule as shown in
Figure 5.4a and 5.4b. Therefore, a larger embedding dimensions would incur
overfitting issue for those smaller cascade graphs.
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Figure 5.10: Capsule study of MUCas on two datasets.

• Impact of iteration number τ : we try different values of the iteration number τ
in dynamic routing, specifically, by increasing the value from 1 to 5. The results
are shown in Figure 5.11e and Figure 5.11f, which suggests that increasing the
number of iterations would improve the performance first, but deteriorate the
model soon. This result raises an open issue in capsule network learning. That
is, the appropriate iterations requires careful tuning that makes the capsule
network unstable. This issue should be addressed for robust representation
learning, which is beyond the scope of this work and left as future work.

• Impact of the length of observed retweets |U to|: we track the first 50, 80, 100,
150, and 200 retweets and report the performance of MUCas based on these
observed retweets. The experimental results show in Figure 5.11g and Fig-
ure 5.11h, where we can observe the improved performance with the increase
of observation retweets, which is a natural result of including more training
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Figure 5.11: Impact of the important hyper-parameters on MUCas. Vertical lines
are settings we used in previous experiments. Orange solid lines represent the results
of MSLE, and the purple dashed lines denote the results of SMAPE.

data.

• Impact of the number of time intervals l: when sampling sub-cascade graphs
from the observed cascade, we set different numbers of time interval, i.e.,
l = [3, 6, 9, 12, 15]. The results are shown in Figure 5.11i and 5.11j, which
reveal that: (1) the fine-grained sampling does not always perform better. For
example, when the observation time is 0.5 hour, the performance of MUCas at
l = 6 is much better than the results when l = 9, 12 and 15. This finding also
proves our hypothesis in Section 5.3.1 that the differences between fine-grained
sub-graphs become trivial as l grows, which will introduce biases in dynamic
modeling. Besides, increasing the number of sub-graphs would significantly
increase the computation cost. (2) The choice of the number of time interval
heavily depends on the distribution of dataset. When the observation window
is 0.5 hour and 1 hour, the model performance achieves the best at l = 6 and
l = 9, respectively.

• Impact of the balance value β: we change the hyper-parameter β in loss func-
tion (Eq. (5.10)) from 0 to 0.9, and report the results in Figure 5.11k and
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Figure 5.11l. We can see that a smaller value of β always achieves better per-
formance. Furthermore, β = 0.5 can be regarded as a watershed, with a value
less than 0.5 being far more suitable for model selection than a value greater
than 0.5. Setting β = 0, which can be regarded as removing the auxiliary
task from the original model. And from the results of β = 0, we can find that
adding an auxiliary task indeed helps us to improve the model performance.

• In order to further support the finding (O5) in Section 5.4.5, we conduct an
extra experiment to assess the model sensitivity varied with the observation
time. Specifically, we consider the propagation in the first 15 hours because
most of the messages in the Weibo dataset will decay after this time [11]. The
results are shown in Figure 5.12, where we can clearly see that the longer the
observations, the better the performance of the model.
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Figure 5.12: The influence of time window in Weibo dataset.

5.4.8 Model Parameters and Computation Cost

Table 5.5: Model parameters and computation time measured by seconds when to =
0.5 hour and 3 years for Weibo and APS, respectively. “∼" means “approximatively".

Methods Parameters Time cost per epoch (in seconds)
Weibo (to = 0.5 hour) APS (to = 3 years)

DeepCas ∼250M ∼150s ∼170s
DeepHawkes ∼250M ∼128s ∼158s
CasCN ∼278K ∼320s ∼400s
Cascade2Vec ∼368K ∼50s ∼75s
VaCas ∼2M ∼83s ∼98s
MUCas ∼495K ∼104s ∼105s

We compute the time cost of training MUCas and the baselines, as well as the re-
quired parameters. The results are reported in Table 5.5. First, the memory required
for DeepCas and DeepHawkes is much higher because they need the embeddings of
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all users in the social network, which required |U | × Fu parameters – |U | represents
the total number of users and Fu denotes the embedding size. Besides, the training
time for each epoch of MUCas is around 104s and 105s in Weibo and APS dataset
when to = 0.5 hour and to = 3 years, respectively. In contrast, Cascade2Vec is the
fastest model that only needs 50s and 70s for Weibo and APS datasets, respectively,
but the quality of the model is much lower.

5.5 Summary

In this chapter, we proposed a novel cascade prediction model – MUCas, which
capture the multi-scale features regarding information diffusion comprehensively
and make good predictions. Specifically, MUCas consists of four components: (1)
a time interval-aware sampling layer used to generate sub-cascade graphs from the
observed cascade graph, (2) MUG-Caps extracts the direction-scale, position-scale,
and high-order-scale information from sub-cascade graphs, (3) an attention layer
applied to learn dynamic-scale, and (4) a prediction layer to make predictions. We
conducted extensive experiments based on two real-world datasets, i.e., Weibo and
APS. The experimental results demonstrate that our method achieves state-of-the-
art performance on information cascade size prediction of tweet propagation in social
networks and scientific papers’ impact.
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